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Immunological diseases are typically heterogeneous in clinical presentation,
severity and response to therapy. Biomarkers of immune diseases often reflect
this variability, especially compared to their regulated behaviour in health.
This leads to a common difficulty that frustrates biomarker discovery and
interpretation - namely, unequal dispersion of immune disease biomarker

expression between patient classes necessarily limits a biomarker’s informa-
tive range. To solve this problem, we introduce dataset restriction, a proce-
dure that splits datasets into classifiable and unclassifiable samples. Applied to
synthetic flow cytometry data, restriction identifies biomarkers that are
otherwise disregarded. In advanced melanoma, restriction finds biomarkers of
immune-related adverse event risk after immunotherapy and enables us to
build multivariate models that accurately predict immunotherapy-related
hepatitis. Hence, dataset restriction augments discovery of immune disease
biomarkers, increases predictive certainty for classifiable samples and
improves multivariate models incorporating biomarkers with a limited infor-
mative range. This principle can be directly extended to any classification task.

The immune system detects pathological challenges with exquisite
sensitivity and specificity, enabling it to mount appropriate protective
responses’. Widely distributed immune cell subsets are responsible for
sensing pathogens, tissue injury and cellular stress through diverse
receptor systems®™. These disease-related signals are then amplified
through humoral and cellular cascades that stimulate migration,
expansion and activation of particular effector cell populations’. By
capturing information about the precise nature of immune responses,
we can draw inferences about the triggering event, allowing us to
develop diagnostic or prognostic models to guide personalised
treatment decisions®.

Flow cytometry is a sophisticated, fast and relatively inexpensive
method for analysing the properties of single cells from a cell
suspension’. In clinical practice, flow cytometry is commonly used to
profile leukocyte subset distribution in patient blood samples, espe-
cially in the context of haematological malignancies and infectious
diseases®. Modern cytometers simultaneously collect data about
expression of multiple proteins in single cells, while also allowing us to
interrogate many millions of cells from a single sample’. This enables
accurate identification of narrowly defined cell subsets, including rare
populations, as well as broadly surveying many leukocyte subsets'.
This rich information is captured as a data matrix for each sample with
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an unordered number of rows corresponding to cells and a defined
number of cell antigen expressions as columns®.

Applications of flow cytometry in clinical diagnostics are growing
rapidly”. Of special interest, recent reports claim that immunophe-
notyping of peripheral blood leukocytes can be used to predict
immune-related adverse events (irAE) following immune checkpoint
inhibitor (ICI)-therapy”. Combined treatment with anti-PD-1 (Nivo-
lumab) and anti-CTLA-4 antibody (Ipilimumab) is now first-line therapy
for many patients with unresectable metastatic melanoma". Its effec-
tiveness is remarkable in terms of clinical response rates, progression-
free survival and overall survival; however, immune-mediated com-
plications, such as colitis or hepatitis, present a significant clinical
concern®®, Life-threatening reactions are uncommon'®, but irAE often
require interruption or discontinuation of immunotherapy, and
introduction of glucocorticoids or non-steroidal
immunosuppressants?’. Clinically applicable, robust biomarkers to
guide irAE prevention or treatment strategies in patients would be
useful®.

Extracting reliable predictive information from flow cytometry
measurements is difficult because disease-related changes are often
small compared to typical biological and technical variations®. This is
especially true when investigating systemic changes in peripheral
blood samples for signals that reflect localised disease”. Conse-
quently, we often rely upon computational methods to perceive small
and multivariate, but consistent changes between patient samples®.
Most current approaches entail identifying cell populations with
clustering methods like FlowSOM®, extracting sample-wise cell fre-
quencies from each cluster and then comparing between samples to
identify significantly differentially represented cell subsets®. Alter-
natively, some methods identify disease-related changes at a single-
cell level”.

Compared to the tightly regulated homeostasis of health, immu-
nological diseases are inherently more variable*. Generally speaking, it
follows that immune disease-related biomarkers are more variably
expressed in disease than health®*°. As we show, this fundamental
biological insight is important because overlapping biomarker
expression with unequal dispersion between patient classes necessa-
rily implies a range of biomarker values with no discriminatory
potential. This problem is exaggerated when biomarker distributions
with unequal dispersion substantially overlap between two patient
classes, such as health and disease. Critically, we often find that
disease-related differences in immunological biomarkers are small in
relative and absolute terms®. This inconvenient and unintuitive
property, which is typical of flow cytometry data, masks informative
biomarkers in discovery studies and limits their clinical utility®.

In this report, we examine the problem of finding and interpreting
disease biomarkers with a restricted range of informative values from
an immunologist’s perspective. To do this, we must first disambiguate
some key terms. Properties of single cells measured by flow cytometry,
such as cell lineage-associated surface antigen expression, will be
called “cell antigens”. We reserve “biomarker” to mean a sample-
related quantity, such as cell subset frequency, that is relevant to
sample classification, hence diagnoses. The distribution of biomarker
values within a set of patient samples is described by its probability
density function, or simply “density”. Throughout this article, we
present plots of densities that compare biomarker expression in
patient subgroups: these should not be mistaken for histograms
showing antigen expression within samples.

We provide a computational method to optimally restrict bio-
markers to their informative range, which makes them easier to dis-
cover and interpret. The power of dataset restriction is demonstrated
through its application to flow cytometry results from patients with
metastatic melanoma receiving Ipilimumab plus Nivolumab (Ipi-Nivo)
therapy. For each biomarker, we calculate a restricted standardised
AUC (rzAUC) for every measured value by splitting the sample set into
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biomarker™" and biomarker*®" parts. We define the optimal restric-
tion according to the maximum absolute rzAUC of either the
biomarker™ or biomarker®" part. We then assign a permutation
p-value to the optimal rzAUC. Finally, we leverage the adapted range of
all restricted biomarkers in a multivariate (random forest) model by
forcing decision tree cuts within each informative range.

In essence, restriction identifies the informative range of a bio-
marker, allowing us to segregate datasets into classifiable and
unclassifiable samples. Importantly, using information about the
informative range of biomarkers typically leads to superior multi-
variate models. We qualify our method using realistically simulated
flow cytometry data, then apply it to real T cell subset analyses to
discover biomarkers of irAE risk in patients receiving immunotherapy
for advanced melanoma. Using a restricted dataset, we were able to
train and prospectively validate a multivariate model to predict
immunotherapy-related hepatitis, which failed when using unrest-
ricted data. Our computational methods can be directly applied to
other types of data, not limited to transcriptomic, proteomic, mass
cytometric, and microbiomic information.

Results

Two-class distributions resulting in skewed ROC curves

We begin by showing how the distribution of a discriminatory bio-
marker that differs in expression between diseased (patients) and
unaffected (controls) individuals results in skewed receiver operating
characteristic (ROC) curves. ROC curves relate the true positive rate
(TPR) and false positive rate (FPR) for a disease biomarker at every data
point in a two-class classification problem. The area under a ROC curve
(AUC) is often used as a measure of the discriminatory capacity of a
disease biomarker®. Throughout this report, we illustrate distributions
of biomarker expression within classes by plotting probability den-
sities. Densities are normalised to 1 within each class, so the appear-
ance of these plots is independent of class size (see Supplementary
Note 1). In the following sections, we consider hypothetical biomarkers
whose expression is normally distributed A (,0%) with mean p and
variance 0%

Perfectly discriminatory biomarkers result in concave ROC curves
with an AUC=1 (Fig. 1a). For imperfect biomarkers, where there is
overlap between the distributions of a disease biomarker expression in
patient and control populations, provided that variance is equal in
both classes, the ROC curve is symmetric about the anti-diagonal with
1>AUC>0.5. In the hypothetical example, biomarker expression is
normally distributed with equal variances in the patient N(6,1) and
control N(5,1) populations, but the mean expression is higher in
patients (Fig. 1b). Entirely uninformative biomarkers result in straight
diagonal ROC curves with an AUC = 0.5 (Fig. 1c).

Interpreting the area under a ROC curve is more complicated
when comparing overlapping biomarker distributions with unequal
variances that result in ROC curves skewed around the anti-diagonal.
Our first hypothetical example of a skewed ROC curve shows that
normally distributed, overlapping biomarker distributions with a
higher mean and variance in the patient population compared to
controls lead to a right-skewed ROC curve that crosses the diagonal in
aregion corresponding to low biomarker expression values (Fig. 1d). It
is generally true that normally distributed populations with different
variances result in ROC curves that cross the diagonal*. To illustrate
this point, we simulated 200 samples by drawing random values from
Normal distributions to show how varying the mean and variance of
biomarker expression in patient and control distributions affects the
shape and AUC of ROC curves (Supplementary Movies 1 and 2). In the
context of clinical diagnostics, biomarkers of immune diseases usually
reflect a change between tightly regulated homeostasis in health and a
disturbed, higher-variability condition in disease. Coupled with the
fact that disease-associated changes in cell subset frequencies in the
blood are typically small, it is perhaps unsurprising that disease
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Fig. 1| Two-class distributions resulting in asymmetric ROC curves. We present
hypothetical and real-world examples of biomarker distributions in two classes that
represent sets of patients with different clinical outcomes. The distribution of
values from the positive (i.e. diseased) class is coloured green, and the negative (i.e.
control) class is coloured red. Overlapping densities are coloured purple. For each
example, we present the corresponding ROC curve. a A hypothetical example of a
perfectly discriminatory biomarker with negative N(5,1) and positive A/(15,1)
populations that give rise to a symmetrical ROC curve. The area under the ROC
curve (AUC) is 1.0. b A hypothetical example of substantially overlapping biomarker
distributions in the negative A/(5,1) and positive A/(6,1) populations that give rise to
a symmetrical ROC curve with AUC = 0.76. ¢ A hypothetical example of an unin-
formative biomarker distribution with negative A/(5,1) and positive N(5,1) popu-
lations that give rise to a diagonal ROC curve with AUC=0.5. d A hypothetical
example of substantially overlapping biomarker distributions in the negative N'(5,1)
and positive N(6,2) populations with unequal variance that gives rise to right-
skewed ROC curve with AUC = 0.67. e A real-world example of substantially over-
lapping distributions of absolute erythrocyte counts with unequal variance in
patients with metastatic melanoma who responded (n = 61) or did not respond
(n=44) to combined Ipi-Nivo therapy. We observe a right-skewed ROC curve with
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AUC = 0.62. f A hypothetical example of substantially overlapping biomarker dis-
tributions in the negative A/(5,2) and positive A/(6,1) populations with unequal
variance that gives rise to a left-skewed ROC curve with AUC = 0.67. g A real-world
example of substantially overlapping distributions of CD8" y8 T cells with unequal
variance in patients with metastatic melanoma who did (n =22) or did not (n =42)
develop treatment-related hepatitis after Ipi-Nivo therapy. We observe a left-
skewed ROC curve with AUC = 0.69. h A hypothetical example of substantially
overlapping biomarker distributions in the normally distributed negative A/(5,1)
and bimodally distributed positive populations. In this example, the positive
population comprises 10% cases with elevated biomarker expression A/(9,1) and
90% cases with unaltered biomarker expression A/(5,1). Heterogeneity in the dis-
eased cases gives rise to a right-skewed ROC curve with AUC = 0.55. i A real-world
example of a phenotypically heterogeneous set of patients with metastatic mela-
noma who did (n = 48) or did not (n = 62) develop treatment-related hepatitis after
Ipi-Nivo therapy. A subset of these patients exhibited a baseline expansion of CD4"
Tewm cells that was likely driven by subclinical cytomegalovirus (CMV) reactivation.
Consequently, CD4" Tgy cell frequency before therapy is a weakly discriminatory
biomarker of hepatitis risk that gives rise to a right-skewed ROC curve with

AUC = 0.64.
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biomarkers measured by flow cytometry frequently result in skewed
ROC curves®. In support of this assertion, we present a real-world
example of a right-skewed ROC curve with a low AUC (Fig. 1e). Speci-
fically, this example shows that erythrocyte counts were elevated in
baseline blood samples from patients with metastatic melanoma who
responded to Ipi-Nivo therapy compared to non-responders.

Left-skewed ROC curves arise when the negative population has a
lower mean, but higher variance than the positive population (Fig. 1f).
We find a real-world example in the previously unreported association
between CD8" y6 T cells and hepatitis risk after combined Ipi-Nivo
therapy (Fig. 1g and Supplementary Fig. 2). In this case, the higher
variance of the control population might be due to technical impre-
cision in quantifying a rare cell population, since the absolute number
of CD8' y8 T cells in blood was only 25.6 +19.3 ¢/pl.

We next considered the case of a phenotypically heterogeneous
positive population, which could reflect multiple aetiologies leading to
a common clinical presentation, different stages of a disease that
culminate in acommon presentation or different treatment responses.
In such scenarios, we expect a bimodal distribution of a disease bio-
marker in the positive population that leads to a skewed ROC curve
(Fig. 1h). We previously reported the identification of a subset of
patients with advanced melanoma who developed hepatitis after Ipi-
Nivo therapy, which was reliably predicted by cytomegalovirus (CMV)
associated expansion of CD4" effector memory T cells (Tgy) cells prior
to immunotherapy®. In our melanoma dataset, we show that using
CD4" Ty frequencies to predict hepatitis after immune checkpoint
inhibitor (ICI) therapy leads to a right-skewed ROC curve (Fig. 1i). We
know from previous work that baseline CD4" Tgy; expansion is only a
useful biomarker of hepatitis risk in CMV-seropositive patients, who
constituted just 47.3% of our study cohort; therefore, this is a biolo-
gically validated example of alternative immunopathologies con-
tributing to a common pathological presentation that impacts
biomarker performance.

These three hypothetical distributions and their real-world
counterparts demonstrate an important concept in immune bio-
marker discovery — namely, that a disease biomarker may be highly
informative over a restricted range of measured values, but will con-
sistently misclassify samples with biomarker values outside that range.
This principle is not only limited to Gaussian distributions but also
applies to other distributions, such as the negative-binomial distribu-
tion that is often used to model count data (Supplementary Fig. 3). By
extension, using AUC across the entire ROC curve to assess predictive
performance leads us to disregard potentially informative biomarkers.
Clearly, we need a method of finding such biomarkers and defining
their valid ranges.

Dataset restriction is a method to find disease biomarkers

Disease biomarkers that give rise to skewed ROC curves perform well
in a subset of samples, which may belong to either the positive or
negative class, but are only informative over a certain range. This leads
us to the idea that particular samples may be classifiable or unclassi-
fiable according to any given disease biomarker. Here, we present and
implement a method of biomarker discovery that relies upon
restricting training datasets to classifiable samples®* (Box 1). In the
given example, we compared the distributions of 2500 positive and
2500 negative simulated samples, in which 20% of positive and 2% of
negative samples were drawn from a normal distribution A/(9,1) and all
other samples were drawn from A/(6,1) (Fig. 2a). This resulted in a
right-skewed ROC curve for the complete dataset (Fig. 2b). We first
generated two ROC curves for every possible “restriction” of the
dataset - explicitly, one for samples above the restriction
(biomarker"" samples, orange; Fig. 2c, d-f) and one for samples
beneath (biomarker*®¥ samples, blue; Fig. 2c, g-i). Biomarker™°"
samples correspond to the bottom-left part of the complete ROC
curve (Fig. 2d). Considering the densities of only biomarker™"

samples (Fig. 2e), the restricted ROC curve had a superior “restricted”
AUC (rAUC) of 0.692 (Fig. 2f). Biomarker'®" samples correspond to the
top-right part of the complete ROC curve (Fig. 2g) Here the densities of
the positive and negative classes overlapped substantially (Fig. 2h).
Consequently, the restricted ROC curve was close to diagonal (Fig. 2i).
Notably, restricted densities are not the same as those in Fig. 2a but are
instead re-calculated on either biomarker™" or biomarker‘®" samples.
Supplementary Movie 3 helps to visualise the rAUC for varying
restrictions of the dataset.

Standardising each rAUC according to sample size gave the
restricted standardised AUC (rzAUC). The maximum absolute value of
rzAUC defined the optimal restriction value (Fig. 2c). In our example,
rzAUC was maximal at FPR = 0.258, which corresponded to an optimal
biomarker restriction value of 6.8. Consequently, biomarker"®* sam-
ples should be kept and biomarker*®" samples should be discarded -
that is to say, biomarker" samples are classifiable, whereas
biomarker-®" samples are unclassifiable. In other situations, the posi-
tive class may have higher or lower biomarker values, potentially
leading to an AUC< 0.5 and accordingly, a negative rzAUC. In Sup-
plementary Fig 4, we show that regardless of which class is labelled
positive or negative, our method identifies the same restriction value.
In such cases, biomarker'® and biomarker*®" rzAUCs are mirrored,
meaning the restriction at the optimal absolute rzAUC remains iden-
tical. Critically, regardless of biomarker distribution, because areas
under ROC curves are independent of class size, it follows that
restriction values are also independent of class size”.

Restriction identifies classifiable samples in simulated datasets
To test our computational approach, we next applied it to our four
preceding examples from Fig. 1 by simulating 100 samples from each
class. In the first example, the negative class A/ (5,1) and positive class
N(6,1) gave rise to a symmetrical ROC curve with a maximum rzAUC
corresponding to FPR=1; consequently, the optimally informative
dataset contained all samples (Fig. 3a). In the second example, the
negative class A(5,1) and positive class N (6,2) produced a right-
skewed ROC curve because the variances were unequal (Fig. 3b). We
see that low biomarker values led to a consistent misclassification,
indicated by the ROC curve crossing the diagonal. The maximum
rzAUC of 5.8 for biomarker™™ " samples indicated that samples with a
biomarker value <4 must be discarded. In the third example, the
negative class N'(5,2) and positive class A/(6,1) produced a left-skewed
ROC curve (Fig. 3c). Here, high biomarker values led to consistent
misclassification; therefore, the ROC curve deviated below the diag-
onal. The maximum rzAUC of 5.8 for biomarker*°¥ samples indicated
that samples with a biomarker value >7 must be discarded. In the
fourth example, we compared 100 samples from the negative class
N(5,1) and a bimodal positive class consisting of 90 samples from the
same distribution N(5,1), plus 10 samples from a distribution N/(9,1)
with a higher mean (Fig. 3d). The resulting right-skewed ROC curve
reflected the fact that our simulated biomarker was only informative
for higher sample values. Accordingly, the optimal rzAUC of 2.4 for
biomarker'® samples restricted our dataset to samples with a bio-
marker value > 6.2. Hence, we demonstrated that our method is able to
optimally restrict cleanly simulated patient populations, such that we
retain only classifiable samples.

Synthesising realistic flow cytometry datasets

Realistic synthetic data can be valuable in machine learning, especially
in validating analytical methods, calculating experimental sample sizes
or data augmentation. Because no generative model already existed,
we developed an algorithm to create synthetic flow cytometry datasets
(Box 2), which differ from the preceding simulated examples in several
key respects - specifically, they comprise multiple covarying bio-
markers, incorporate a realistic level of noise, and were adjusted in
biologically meaningful ways (Fig. 4). Our web-based interactive gating
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BOX 1

Restriction

Input: Biomarker values Y; foriin1, ..., N samples of diseased (posi-

tive, D; = 1) or non-diseased (negative, D; = 0) class.

Output: Optimal restriction (r), informative range (info. range),

restricted AUC (rAUC), restricted standardised AUC (rzAUC) and

permutation p-value.

Algorithm:

1. Calculate ROC curve with true positive rate Sp(y) := P[Y > y | D=1]

and false positive rate Sy(y) := P[Y > y|D=0],

ROC(t) = Sp(S5 (1))
2. For every restriction r:
2a. Calculate the partial area under the ROC curve
i. up to the false positive rate Sy(r) = B(r) with

~Sp(r)
AUCigh (B(r) = / . ROC(t) dt,

ii. starting from a true positive rate Sp(r) = 1 — a(r) with
1
AUC,,,, (a(r)) =/ ROC(t) dt — Sp(nN(1 — Sp(N)).
Sp(r)

2b. Calculate restricted AUCs

L
Sp(n Sp(N’

1 1
rAUC,,, () =AUC,,,(1 — Sp(r)) - m . m .

FAUCHigh (1) = AUCgn(Sp(1) -

tree allows readers to synthesise their own flow cytometry data (Sup-
plementary Note 2).

To validate our restriction method, we needed a way of imitating
disease-related differences between groups of samples. In the method
described above, any effect that changes the proportion of cells in any
gates equates to changing the Dirichlet distribution parameters. In the
given example, the originally estimated mean proportions are pro-
jected onto the gating tree and corresponding Dirichlet distribution
for three examples leafs A, B and L. Here, the mean proportion of CD8"
effector memory T cells re-expressing CD45RA (Temra) cells was 7.17%
(Fig. 4a). Now, instead of determining the number of cells in each leaf
gate according to the originally estimated distribution, we generated
synthetic cells from a modified Dirichlet distribution in which the
mean proportion of CD8" Tgwra cells was arbitrarily changed to 33.23%
(Fig. 4b). Using our method, changing the proportion of cells in any
gate leads to changes in the proportion of cells in all other gates, which
we represent by the different intensities of red shading in the gating
trees and the different Dirichlet distribution for the three example
leaves A, B and L. Three examples of gating generated with a mean
proportion of CD8" Tgwra cells = 33.23% are provided (Supplemen-
tary Fig. 5).

Applying restriction to realistic synthesised flow cytometry
datasets

We next applied our restriction method to synthetic flow cytometry
datasets that incorporated estimated technical and biological noise
typical of real-world measurements. Specifically, we generated

2c. Calculate approximate statistic for X="high’ or X="low’
rAUC,(N—0.5
/vary (rAUC(r) 1

withvary (rAUC(r)= (%:n%:U ,

rzZAUC(r) =

where my is the number of positive and ny is the number of
negative samples defined as

My = |{Y, =r Di:1}|;
Niow == |{Y: =r Di=0}|,

Myigh = [{Y;>r, D; =1},
Nhigh == {Y;>r, D;=0}|.

3. Find the optimal restriction value rop and informative part Xop by
(roptl Xopt) = argTaX ({|rZAUCX(r)|})-
r..

4. Report

FAUC 5 =TAUCK _ (ropr) and rzAUC o = rzAUCK  (ropy),

—(00, Fop], i Xopy ='low

info. range =
(ot 00),  else.

5. Calculate permutation p-values.
5a. Repeat steps 1-3 for permuted class labels (D=1, D=0)
Niotal times.

5b. Count n,peye := #(rzZAUC o permutation = FZAUC ).

5c. Calculate p-value (see methods, p= Maoe*1

Neotat +17°

synthetic samples that gave rise to biomarker distributions similar to
the preceding simulated examples (Fig. 5). Artificial disease associa-
tions were introduced by changing the frequency of CD4" Tgy cells,
which had a baseline mean proportion of 7.7% among healthy donors.
We subsequently extracted CD4" Ty, cell frequencies relative to CD3*
T cells from all samples by applying our standard gating strategy and
then applied our restriction method. Similar to Fig. 3, we simulated
biomarker values from normal distributions. We then generated syn-
thetic flow cytometry datasets by setting the CD4" Tgy cell Dirichlet
parameter to each simulated biomarker value.

In the first example, the negative class A/(7.7,1) and positive class
N(10.7,1) gave rise to a symmetrical ROC curve (Fig. 5a). As expected,
the results were much noisier than those shown in Fig. 3; nevertheless,
the maximum rzAUC = 8.8 corresponded to FPR =1, so the optimally
informative dataset contained all samples. In the second example, the
negative class N(7.7,1) and positive class \(8.7,3) gave rise to a right-
skewed ROC curve (Fig. 5b). The maximum rzAUC = 3.56 led us to
retain biomarker™" samples with > 4.57% CD4" Tgy cells. In the third
example, the negative class A/(7.7,3) and positive class N'(8.7,1) gave
rise to a left-skewed ROC curve (Fig. 5¢). The maximum rzAUC = 4.11
led to a restriction of the dataset to biomarker®" samples with <6.89%
CD4" Tgy. In the fourth example, we compared the negative class
N(7.7,1) and a bimodal positive class comprising 80 samples showing
no effect N'(7.7,1) plus 20 samples from a distribution /(16.7,1) with a
higher mean (Fig. 5d). The resulting right-skewed ROC curve with a
maximum rzAUC = 4.05 led us to keep biomarkert'® samples with >
8.12% CD4" Tgm. Hence, our method can appropriately restrict
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restriction of this dataset lies at a biomarker value of 6.8, which is marked with a red
line. Restriction of the dataset defines two subsets of samples: biomarker''!
(orange) and biomarker*®" (blue) samples. b A complete ROC curve marked at the
optimal restriction point (red lines) corresponding to FPR = 0.258. Restricting the
ROC curve corresponding to biomarker™™ or biomarker*®" samples gives us
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restricted ROC curves for which restricted AUCs (rAUCs) are calculated. ¢ Adjusting
the rAUC for the number of samples delimited by the restriction gives the restricted
standardised AUC (rzAUC) that can be plotted for biomarker"®" and biomarker*®"
samples at all possible restriction values. The optimal restriction value is defined as
the maximum absolute rzAUC for either the biomarker" or biomarker" sam-
ples. d A complete ROC curve to illustrate the delimitation of biomarker™'* values
(orange rectangle) according to the optimal restriction. e Densities of the negative
and positive classes after restriction to biomarker™° values. f ROC curve con-
structed from biomarker"'® samples. g A complete ROC curve to illustrate the
delimitation of biomarker®" values (blue rectangle) according to the optimal
restriction. h Densities of the negative and positive classes after restriction to
biomarkert®" values. i ROC curve constructed from biomarker‘®" samples.

realistically synthesised flow cytometry datasets for symmetric or
skewed ROC curves, such that we retain only classifiable samples.

Restriction method improves findability in realistic synthesised
datasets

As explained above, introducing an artificial disease association
into realistically synthesised flow cytometry datasets by adjusting
the frequency of one cell population (in this case, CD4" Tgy cells)
leads to changes in all other nodes in our gating tree. We next
asked whether our restriction method could also improve the
discoverability of these covariant biomarkers in the synthesised
datasets presented above. To do this, we assigned significance
values to the rzAUC. The AUC is equivalent to the Mann-Whitney U-
statistic®®> and we can extend this equivalence to the rzAUC; how-
ever, this does not help assign significance values because opti-
mising for the highest rzAUC introduces a bias (Supplementary
Fig 6). Instead, we must calculate permutation p-values®®, which are
uniformly distributed as expected after random permutation of
labels (Supplementary Fig 7). For each of our four realistic syn-
thesised examples, we calculated permutation p-values using the

unrestricted sample set and the optimally restricted sample set for
every gated cell population. Figure 6 shows these p-values as
scatter plots in which the green-shading demarcates unrestricted
p-values > 0.05 and optimally restricted p-values <0.05 - that is,
biomarkers identified as significant using our restriction method,
but missed without it.

In our example of a symmetric ROC curve, we found that CD4" Ty,
cells and 9 subordinate populations, as well as 6 other populations,
were significant discriminators in both the unrestricted and restricted
datasets (Fig. 6a). Four further populations were significant only in the
restricted dataset. In the second example, which resulted in a right-
skewed ROC curve, we found CD4" Ty, cells, two subpopulations and
three CD4™ naive T cell (T.ive) Subordinates with a significant restric-
ted p-value, whereas the corresponding unrestricted permutation
p-value was insignificant (Fig. 6b). In the third example, which resulted
in a left-skewed ROC curve, we found that CD4" Tgy, 4 subordinates
and 8 other subsets had a significant restricted p-value, but were
insignificant in the unrestricted dataset (Fig. 6¢). In the fourth example,
CD4" Tgy cells had an optimal restriction permutation p-value = 0.002,
but were insignificant in the unrestricted dataset (Fig. 6d). Hence,
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plot, red lines indicate the optimal restriction as a biomarker value or FPR value.a A
simulated example of a symmetric ROC curve from 100 negative \'(5,1) and 100
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N(9,1) and 90% cases with unaltered biomarker expression N/(5,1).

dataset restriction enables the discovery of disease biomarkers which
would otherwise be disregarded in synthesised flow cytometry
datasets.

Dataset restriction discovers valid irAE biomarkers

Having qualified our restriction method using synthesised datasets, we
next applied it to real clinical data. In previous work, we investigated
pre-treatment peripheral blood samples from 110 patients with
advanced melanoma who received Ipi-Nivo therapy”. Using conven-
tional methods, we found no significant biomarker after correcting for
multiple comparisons; therefore, we asked whether our restriction
method could reveal biomarkers of hepatitis or colitis risk in the same
dataset (Fig. 6e, f). No biomarkers of colitis survived correction for
multiple comparisons after restriction (Fig. 6e and Supplementary

Fig. 8). However, in predicting hepatitis, our restriction method
returned 7 significant biomarkers with a permutation p-value <0.05
(Fig. 6f). After correction for multiple testing, 4 of these 7 hepatitis
biomarkers remained significant with an FDR < 0.05. By contrast, no
biomarker identified from the unrestricted dataset returned a sig-
nificant permutation p-value after correction for multiple testing.
Thus, our restriction method returned significant disease-associated
biomarkers in a real-world dataset, which were not found using the
unrestricted dataset.

Using our restriction method, we identified CD27* CD28" CD4*
Tewm cell frequency relative to CD4" in blood as a biomarker of hepatitis
risk after dataset restriction. To illustrate the potential utility of
restricted biomarkers, we compared the performance of CD27* CD28"
CD4" Ty frequency as a biomarker of hepatitis risk in our unrestricted
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BOX 2

Cytometry Simulation

|. Parameter estimation:

Input:

+ Compensated, asinh-transformed matrices X € R"*™ with n;
rows (cells) and m columns (measured cell antigens) for N samples
iin{1, ..., N}L

» Fixed hierarchical gating g(:) assigning one of K leaf cell
populations to each cell xg> e R™ according to m cell

antigens: gX?) € (1,... K}

Output: Parameters a,, fi,, X, for k € {1,... K} of a Dirichlet process
Gaussian mixture model.

Algorithm:
1. For all samples i:
1a. Assign leaf cell populations to all cells ¢

pop? = g(XY).

1b. For all k populations calculate population proportions
1 &
() —
Py =5 > Bicpont-
Iec=1

2. Account for empty populations by

iy

p(ki)” - P
K iy’
Z(’,:‘I 4

with

py =py +0.001- min,({p{Ip)>0}).

3. lterative maximum likelihood estimation of the Dirichlet distribu-
tion with K parameters & using p” results in

Dir(ay, ... ,0k).

4. For each population k estimate mean i, € R™ and covariance

matrix i'k e R™ ™ using all cells ¢ from all samples i with pop!? = k
to establish a multivariate normal distribution

Ny Zy).

and restricted datasets (Fig. 7). The discriminatory cutoff for patient
classification, defined by the Youden index, was the same for both the
restricted and unrestricted datasets, such that samples with more than
9.56% of CD27* CD28" CD4" Tgy relative to CD4" are predicted to be
hepatitis positive. Accordingly, using the unrestricted dataset, CD27*
CD28" CD4" Tgym (%) correctly predicted the incidence of hepatitis in 74
of 110 patients. The unrestricted cell frequency had a sensitivity (TPR)
of 45.8% and a specificity (true negative rate, TNR) of 83.9%. The
positive predictive value (PPV) was 68.8% and the negative predictive
value (NPV) was 66.7%. Our method of restricting biomarkers to their
informative ranges implies that some samples should be considered
unclassifiable. In this example, 58 of 110 patients were unclassifiable.
The incidence of hepatitis was correctly predicted in 40 of 52 classi-
fiable samples. The restricted cell frequency had a sensitivity of 91.7%

Il. Parameter adjustment for disease effects:

Input:
* Dirichlet parameters oy for k € {1, ..., K}.
* Target mean percentage t € (0, 1) for a given subset of leaf
populations A c {1, ...,K}.

Output: Adjusted Dirichlet parameters a;, such that the proportion of
cells from A is tand YK _ia; =K ay.

Algorithm:
1. Define the complement of A as A: ={1,...,K}\A and precisions
sas

Spi= ) M, Spi= ), &, Si=SptSa.
keA keA

2. Calculate modified parameters

) {ak;;, itk € A,

a =
@ 5, else,

which ensures that

> ap=ts and Y a=(1-1ts.

keA keA

lll. Sample simulation:

Input:
+ Target number of cells C.
* Parameters ay € R_o, gt € R™, X, e R™* " fork e {1,... K].

Output: Simulated matrix X € RS*™ of C cells with m cell antigens.

Algorithm:
1. Sample a proportion vector p from the Dirichlet distribution

p~Dir(ay, ..., a).

2. For each leaf population k, sample C - py cells from N (g, Z)).

and a specificity of 64.3%. The positive predictive value was 68.8% and
the negative predictive value was 90%.

To explore the applicability of restriction to other sources and
types of immunological data, we applied our method to repurposed
datasets published by other groups, including proteomic®, mass
cytometric’®, microbiomic*® and transcriptomic* studies. New uni-
variate markers were discovered in each case (Supplementary
Figs. 9-13).

Multivariate analysis of restricted data predicts hepatitis

Although our restriction method leads to discarding samples as
unclassifiable according to any particular biomarker, we found that
different biomarkers define noncongruent sets of classifiable samples
(Fig. 8a). This led us to investigate whether using restricted datasets
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could improve the predictive performance of multivariate models.
First, we built a random forest model** using all 84 reported T cell
subset frequencies from the unrestricted training dataset of 110
patients (Fig. 8b). When this model was applied to an independent,
prospective validation set of 30 patients, the resulting predictions
were inaccurate (correct classification rate = 56.7% vs. 53.3% under the
no-information model).

By contrast, we observed a significant improvement in predictive
performance using the restricted dataset to train our random forest. In
this approach, to avoid “double-dipping,” we exclusively used infor-
mation from the training set to establish restriction values and train
the random forest. To leverage information from our restriction
method, we assigned a value of -1 to restricted samples across all 84
biomarkers. When restriction values and our predictive model were
applied to the validation set, the resulting predictions were significant
(Fisher’s Exact p-value = 0.026) and had a correct classification rate of
73.3%.12 of 16 predictions of hepatitis were correct (PPV =75%) and 10
of 14 negative predictions were correct (NPV =71.4%). Hence, in prin-
ciple, dataset restriction can improve the training and performance of
multivariate predictive models based upon real-world data.

Generalisation of restriction values across public datasets
Next, we investigated whether the performance of multivariate models
built with other data types from external sources could be improved
through dataset restriction. We applied our method to transcriptomic
data from 921 samples aggregated from 10 published studies that
examined clinical response to ICI therapy across a variety of cancers*.
Cases from 5 studies were split into training (n = 618) and validation
(n=154) sets. The test set (n=149) was compiled from 5 separate
studies. Univariate analysis of the restricted training set revealed 19
genes missed by global analysis, including RAC1 and CEACAM6 (Sup-
plementary Fig. 13). We then constructed four multivariate random
forests with or without restriction, and with or without random forest
hyperparameter optimisation. Crucially, only information from the
training set was used to set restriction values and to train and optimise
our models. Restriction improved predictive performance in the vali-
dation and independent test datasets (Supplementary Fig. 14).

Finally, we demonstrated that restriction preprocessing generally
improved multivariate random forest performance regardless of the
split into training, validation and test set (Supplementary Fig. 15). We
repeatedly randomised the 921 samples into 70% training and 30% test
samples to construct multivariate random forests with or without
restriction. In the majority of 750 random splits, we observed an
increase in the AUC on the test set after restriction. This suggests that
dataset restriction will typically improve predictive models using
immunological data. Furthermore, it implies that restriction values can
be generalised across independent datasets.

Discussion

Immunological diseases are often heterogeneous in clinical presenta-
tion and severity, reflecting the variability of their underlying
immunopathologies®. It follows, we argue, that immune disease-
associated biomarkers typically exhibit greater variability among dis-
eased patients than unaffected individuals. This general proposition
was broadly corroborated by our real-world examples of patient
groups who were prone to immunotherapy-related complications.
Unequal dispersion of biomarker distribution between patient classes
affects our ability to identify biomarkers with discriminatory capacity
over a certain range of biomarker values. To solve this biological
problem, we introduced dataset restriction as a biomarker discovery
tool. In artificial and real-world examples, dataset restriction enabled
us to find discriminatory biomarkers that were undetected by con-
ventional measures. Moreover, we showed that dataset restriction
improves the performance of multivariate predictive models. Our
work formalises a new way of evaluating diagnostic results -

specifically, that certain biomarkers can only be usefully interpreted
over a restricted range of values, and that samples with values outside
this range should be considered as unclassifiable.

Flow cytometry is a powerful method for interrogating the phe-
notype of many single cells within a heterogeneous mixture. This
technique allowed us to estimate the relative numbers of accurately
defined leukocyte subsets in peripheral blood samples, including T cell
subsets, which are direct targets of Ipilimumab (anti-CTLA-4) and
Nivolumab (anti-PD-1) therapy*. Although flow cytometry generates
rich and immunologically interpretable data, it has two key limitations
- namely, that blood leukocyte frequencies vary within a narrow
dynamic range, and that higher-order cell antigen combinations may
define rare cell subsets***. Small disease-related changes in bio-
markers are problematic because substantially overlapping biomarker
distributions with unequal variability lead to exaggerated skewness of
ROC curves, implying unequal informativeness of those biomarkers
across their measurable ranges. Rare cell subsets are problematic
because our estimates of their frequency are less reliable*. Crucially,
dataset restriction helps to overcome the special difficulties of cor-
rectly interpreting flow cytometry data by limiting biomarker values to
arange in which the signal-to-noise ratio is increased relative to the full
range. Consequently, we reduce the likelihood of false positive or false
negative classification at the cost of discarding some samples as
unclassifiable.

We created restrictedROC*, an R-package that calculates restric-
ted standardised AUC scores. The rzAUC is returned together with a
restriction value that delimits the biomarker’s optimally informative
range. This builds upon earlier ideas about partial AUCs, which were
introduced to account for imposed restrictions that capped true and
false positive rates”*°. Imposed restrictions usually come from
domain knowledge; for instance, tests with a high false positive rate are
inappropriate for expensive diagnostic screening applications,
whereas tests with a high false negative rate are inappropriate when a
life-saving treatment is available’®. McClish introduced a “standardi-
sation” for partial AUCs for a given range of false positive rates, such
that a randomly selected positive sample has a higher value than a
randomly selected negative sample conditional upon the negative
sample arising from the false positive range®. In our method, we
introduced a scaling factor for the two-way partial AUC resulting in
the restricted AUC (rAUC). With this scaling factor, the rAUC becomes
the probability that a randomly selected positive sample has a higher
value than arandomly selected negative sample conditional upon both
samples arising from a range spanned by a minimum true positive rate
and a maximal false positive rate. The restricted standardised AUC
(rzAUC) then takes into account both the rAUC and the number of
samples in the biomarker"® or biomarker*®" range leveraging the
equivalence between AUC and Mann-Whitney U test®.

We further developed our method to determine the optimal range
of biomarker values that correctly classifies samples. Specifically, we
optimise a restriction that either includes samples with higher bio-
marker values (biomarker') or lower biomarker values
(biomarker®") and has the highest possible absolute rzAUC. The
rzAUC can be directly compared within one dataset but depends on
the total number of samples. By calculating permutation p-values® for
the rzAUC, we remove this dependence and attribute significance
values.

There are alternative ways of describing the geometric symmetry
of ROC curves apart from graphical skewness. Left-skewed ROC curves
are also described as True Negative Proportion (TNP)-asymmetric and
right-skewed ROC curves as True Positive Proportion (TPP)-asym-
metric. These asymmetries can be defined by Kullback-Leibler (KL-)
divergences®’. Therefore, KL-divergence could be used to assess
whether restriction should be applied to a given biomarker; however,
in the case of symmetric ROC curves, our restriction keeps all samples,
so such preselection of biomarkers is unnecessary. Of note, excluding
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Fig. 4 | Realistically synthesising flow cytometry data from two class dis-
tributions. Various applications of our synthetic flow cytometry data depend upon
generating samples with differences in cell subset distributions. Here, we provide
an example of increasing the proportion of CD8" Tgyra cells in synthetic samples
from a baseline value of 7.17% in the negative class to an altered value of 33.23% in
the positive class. The intensity of red shading in the gating trees illustrates this
change in CD8' Trvra cells and contingent changes in other populations. a Gating

tree with 7.17% CD8" Tgmra cells and the density for three example gates: A, B and L.
The cell count table for three samples drawn from this distribution is shown.

b Gating tree with 33.23% CD8" Tgmra cells and the density for three example gates:
A, B and L. The cell count table for three samples drawn from this distribution is
shown. Of special note, percentages of cells in all other gates also changed
according to the Dirichlet distribution, leading to changes in simulated cell counts
across all leaf gates.

samples to minimise KL-divergence is not the equivalent of dataset
restriction.

In principle, dataset restriction can be applied to optimise any
biomarker range. However, following from our immunological ratio-
nale, restricting the upper or lower range is especially applicable in
clinical diagnostics. For completeness of our discussion, we can ima-
gine a biomarker with both uninformative biomarker™ and
biomarker-°" values (ie. where only mid-range values are informative)
that might only be discovered by applying our restriction method
twice in succession.

To validate our restriction method, we developed a method for
synthesising realistic flow cytometry data with class-related effects.
Because no generative method previously existed, our approach
represents a significant contribution to cytometry analysis, particularly
for benchmarking of diagnostic flow cytometry algorithms, sample
size calculations or data augmentation. Our method uses an expert-
given hierarchical gating strategy, where the proportions of cells per
gate are described with a Dirichlet distribution. Within each terminal
(leaf) gate, the cells are described using a normal distribution. Thus, we
effectively created a Gaussian mixture distribution with the number of
components defined by the number of terminal gates. In cytometry,

(Gaussian) mixture models are an established method for unsu-
pervised cell population identification®***. In principle, these earlier
approaches could be used to simulate cells from estimated distribu-
tions, although their focus was labelling existing cells rather than
creating artificial ones.

Synthesising data by Gaussian mixture models allows for the
creation of many complex data distributions but has two limitations.
First, the choice of a multivariate Gaussian distribution for cell antigen
expressions at each leaf gate is simple and effective but could be
improved by multivariate skew t-distributions™ to better describe the
outlier-heavy nature of flow cytometry cell measurements. Second, the
Dirichlet distribution incorporates modifications in the proportion of
any cell population by changing all other proportions; notably, this is a
simplification that doesn’t incorporate biological dependencies
between cell subset frequencies. Despite these limitations, our gen-
erative model is suitable for its application in this work - namely,
testing the performance of restriction in simulated datasets with a
realistic level of noise.

In this study, we present idealised flow cytometry data gen-
erated under highly standardised conditions using only two very
closely aligned instruments. Consequently, these data do not
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Fig. 5| Restriction of synthesised flow cytometry datasets. We present examples
of biomarker distributions in two classes, which are intended to represent sets of
patients with different clinical outcomes. The distribution of values from positive
(i.e. diseased) class are coloured green and values from negative (i.e. control) class
are coloured red; overlapping density areas are coloured purple. For each example,
we present the following: a plot of positive and negative class densities; the com-
plete ROC curve; a plot of biomarker values against FPR; a plot of rzZAUC calculated
for biomarker™® (orange) and biomarker*°¥ (blue) samples at all FPR values. In

each plot, red lines indicate the optimal restriction as a biomarker value or FPR

value. a A synthetic example of a symmetrical ROC curve from 100 negative
N(7.7,1) and 100 positive N/(10.7,1) samples. b A synthetic example of a right-
skewed ROC curve from 100 negative A/(7.7,1) and 100 positive A(8.7,3) samples.
¢ A synthetic example of a left-skewed ROC curve from 100 negative A/(7.7,3) and
100 positive N'(8.7,1) samples. d Results for a synthetic right-skewed ROC curve
from 100 negative A/ (7.7,1) samples and 100 positive samples from a bimodally
distributed positive population. In this example, the positive population comprises
20% cases with elevated biomarker expression A/(16.7,1) and 80% cases with
unaltered biomarker expression N (7.7,1).

reflect the typical quality of clinical flow cytometry measure-
ments, especially when multiple operators, instruments and site-
to-site differences in protocols contribute to variability. Using
multicolour flow cytometry for clinical classification tasks is
substantially complicated by real-world shifts and drifts in assay
performance. Progress is being made in overcoming these chal-
lenges in three ways - namely, standardisation®**, calibration®*~’
and normalisation®*®!, However, the goal of a clinical decision-
making tool that can be applied to flow cytometry data from any
laboratory without relying upon measurements of paired sam-
ples, exchange of external reference material or sharing patient-
level data has not been realised. Neural networks* offer a pro-
mising solution for improving transferability of predictive models
that use flow cytometry data. In the future, our approach to

simulating realistic flow cytometry data could allow the pre-
training of neural networks, reducing their sensitivity to technical
effects.

Restricting biomarkers to an informative range is important
because it improves classification performance. We emphasise that
classification cutoffs and restriction values are different concepts.
Classification cutoffs, such as the Youden index®?, divide a sample set
into predicted positive and predicted negative classes. By contrast,
restriction divides a sample set into classifiable and unclassifiable
samples. In the context of individualised patient care, it might seem
unhelpful to label samples as unclassifiable. On the contrary, we argue
that the clinical utility of a predictive biomarker improves if its cer-
tainty is high, even if it only works in a small subset of patients. Con-
sider a disease-related biomarker giving a right-skewed ROC curve:
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Conventional approaches return a reliable positive classification
and an unreliable negative classification; in contrast, our restric-
tion method returns a reliable positive classification, a reliable
negative classification and a set of unclassifiable samples, which
do not necessarily have the most negative values. Of note, the
discriminatory cutoff determined by the Youden index is often
the same after restriction, but changes in some cases. When
interpreting a single biomarker, our restriction method improves
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either the positive or the negative predictive value, so improves
certainty of our predictions.

Our method may concern some clinicians, who will legitimately
ask about unclassifiable patients®>. Here, we provide an answer by
building an informative and prospectively validated random forest
model after replacing all restricted values with a constant outside the
informative range. Consequently, we force each tree of the random
forest to select discriminatory cutoffs within the informative range or a

Nature Communications | (2024)15:5417

12



Article

https://doi.org/10.1038/s41467-024-49094-3

Fig. 6 | Restriction augments biomarker discovery in synthetic and real-world
flow cytometry datasets. Using synthetic and real-world datasets, we demonstrate
that restriction augments the discovery of biomarkers with limited informative
ranges. In each plot, the x-axis shows permutation p-values for the AUC of complete
ROC curves for every gated cell population. The y-axis shows permutation p-values
for the AUC of optimally restricted ROC curves. Points within the green-shaded
rectangles represent cell subsets whose p-values derived from unrestricted data are
not significant (p > 0.05), but p-values derived from optimally restricted data are
significant (p < 0.05). a Permutation p-values from synthetic samples in which a
disease-related effect was introduced into CD4" Tgy resulting in a symmetric ROC
curve. 100 samples in the negative N(7.7,1) class and 100 samples in the positive
N(10.7,1) class were generated. b Permutation p-values from synthetic samples in
which a disease-related effect was introduced into CD4" Tgy resulting in a right-
skewed ROC curve. 100 samples in the negative A/(7.7,1) class and 100 samples in
the positive A/(8.7,3) class were generated. ¢ Permutation p-values from synthetic
samples in which a disease-related effect was introduced into CD4" Tgy resulting in

a left-skewed ROC curve. 100 samples in the negative N'(7.7,3) class and 100 sam-
ples in the positive A(8.7,1) class were generated. d Permutation p-values from
synthetic samples in which a disease-related effect was introduced into CD4* Tgy
resulting in a right-skewed ROC curve. 100 samples in the negative N(7.7,1) class
and 100 samples from a bimodally distributed positive class were generated. In this
example, the positive population comprises 20% cases with elevated biomarker
expression A/(16.7,1) and 80% cases with unaltered biomarker expression A/(7.7,1).
e Permutation p-values from a training set of real-world clinical flow cytometry
samples (n=110). 84 biomarkers were selected where > 10% of samples had more
than 10 counts. Dataset restriction reveals 4 previously undescribed biomarkers of
treatment-related colitis risk in metastatic melanoma patients receiving Ipi-Nivo
therapy. f Permutation p-values from a training set of real-world clinical flow
cytometry samples (n =110). 84 biomarkers were selected where > 10% of samples
had more than 10 counts. Dataset restriction reveals 7 previously undescribed
biomarkers of treatment-related hepatitis risk in metastatic melanoma patients
receiving Ipi-Nivo therapy.

cutoff between the classifiable and unclassifiable regions for each
biomarker. More sophisticated methods may be developed in the
future, but our experimentally validated random forests are proof of
the principle that differently restricted biomarkers can be usefully
combined in multivariate models.

To demonstrate the potential clinical utility of dataset restric-
tion, we applied our method to the clinically significant problem of
immune-related adverse events following combined immunother-
apy. In univariate analyses, dataset restriction identified new bio-
markers associated with ICl-related hepatitis, including CD27*
CD28* CD4" Tgy cells, that were not returned by conventional
methods. Of clinical importance, dataset restriction increased NPV
without compromising PPV. Combining many restricted biomarkers
into a random forest model generated an informative model,
whereas training on unrestricted data from the same set of
110 samples returned no valid models. To validate our predictive
model, we assessed its performance in an independent, pro-
spectively collected set of 30 samples, where it returned significant
predictions that were superior to the performance of any single
biomarker alone. Beyond the scope of this article, such multivariate
models could be extended to include biomarkers from multiple flow
cytometry panels or other patient-related information, such as age,
sex or clinical chemistry results. In support of this claim, restriction
improved prediction of clinical responses in ICl-treated patients
from public transcriptomic data aggregated from many indepen-
dent studies.

Clinical manifestations of immune disease are often hetero-
geneous. This is certainly true of irAE after immunotherapy, which vary
greatly in severity, time-of-onset, clinical features and response to
treatment®®. Further, there is increasing evidence that multiple
immune aetiologies lead to common clinical presentations, such as
colitis®*, myositis® or hepatitis®®. This heterogeneity connotes indivi-
dual genetic predisposition®”®®, environmental factors®*’° and past
immunological challenges®. In particular, we now recognise the con-
tribution of previous viral infections in preconditioning towards
adverse reactions. An unanticipated consequence of dataset restric-
tion is that disease biomarkers with a bimodal distribution in the
positive class, such as might arise from multiple aetiologies, are find-
able. Excitingly, combining biomarkers from a restricted dataset into
multivariate models should, in principle, enable predictions about
diseases with multiple aetiotypes - a situation where conventional
biostatistical methods are unsuitable. Extending this idea of dataset
restriction as a way of classifying samples with intraclass heterogeneity
to unsupervised methods, such as PCA or clustering, could aid dis-
covery of previously unknown patient subsets.

The core insight from our work is that biomarkers of immune
disease are often more variably expressed in affected populations
than in healthy comparators. Many factors might contribute to this

higher variability within diseased groups, such as individual
patients’ age, sex, genetics, comorbidities, concurrent therapies,
stage of disease at sampling, or alternative aetiopathologies. Our
example of CMV-associated expansion of CD4" Tgy cells predis-
posing to ICl-related hepatitis illustrates the influence of unantici-
pated variables over biomarker performance in heterogeneous
populations. When relevant subgroups within classes are known,
random effects models™ are useful in controlling for unobserved
heterogeneity by introducing subgroup-specific weightings. Nota-
bly, univariate biomarkers in a discovery study are likely influenced
by different sets of subject-specific factors; therefore, each bio-
marker must be modelled separately. In contrast, dataset restriction
requires no prior knowledge about intraclass heterogeneity and is
not itself a method for defining subgroups or finding latent vari-
ables. Whether splitting datasets into informative and unin-
formative sample sets enriches for relevant, but unknown
subgroups within classes is yet unexplored. Another crucial aspect
of dataset restriction is its use as a preprocessing step in estab-
lishing multivariate biomarkers that are agnostic about intraclass
heterogeneity. We are not aware of random effects models cur-
rently being applied in this context.

In summary, clinical biomarkers that can only be interpreted over
a restricted range are inherently likely in immune diseases. Where
classical methods fail, dataset restriction often solves the problem of
discovering and interpreting such biomarkers. Our approach is not
limited to prospective data, but can also be used retrospectively to find
new biomarkers or improve existing ones. Dataset restriction was
developed here to analyse flow cytometry data; however, it is directly
applicable to any sample classification problem. We hope others will
apply our method to existing datasets.

Methods
Collection of clinical information
Locally generated data from three sources were used in this study: (1) a
training set (n =48) from a cohort of healthy humans used to develop
our flow cytometry data simulations; (2) a previously reported training
set (n=110) from patients with advanced melanoma used for bio-
marker discovery”; and (3) a new prospective validation set (n=30)
from patients with advanced melanoma. Whole blood was collected
from healthy thrombocyte donors with approval from the Ethics
Committee of the University of Regensburg (approval 22-2780-101). All
donors gave full, written consent to sample and data collection.
Clinical samples for the biomarker training and validation sets
were collected within a single-centre, non-interventional study’,
which was conducted in accordance with the Declaration of Helsinki
and all applicable German and European laws and ethical standards.
This observational study was authorised by the Ethics Committee of
the University of Regensburg (approval 16-101-0125) and registered
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negative predictive value (NPV), positive predictive value (PPV), sensitivity (or true
positive rate, TPR) and specificity (or true negative rate, TNR) for all samples. ¢ Our
restriction method is predicated on there being a range of values over which a
biomarker provides no discriminatory information. Optimally restricting CD27*
CD28" CD4" Tgy cell values leads us to discard 58 of 110 samples as “unclassifiable.”
For the remaining 42 samples where CD27* CD28" CD4" Tgy frequency relative to
CD4" T cells > 7.62%, we determine a classification cutoff using the Youden Index,
again predicting hepatitis if > 9.62%. Accordingly, we obtain a confusion table with
CCR=76.9%, specificity = 64.3% sensitivity = 91.7%, PPV = 68.8% and NPV =90%
across the classifiable samples.

with clinicaltrials.gov (NCT04158544). Blood samples were obtained
from patients with Stage IlI/IV melanoma under the care of the
Department of Dermatology at University Hospital Regensburg (UKR).
Eligible patients were consecutively recruited without stratification or
matching. All participants gave full, informed written consent. For the
training set, the first reported case was recruited in OCT-2016 and the
last reported case was recruited in JUN-2021. For the prospective
validation set, the first reported case was recruited in JUN-2021 and the
last reported case was recruited in JAN-2023 (Supplementary Table 1).
All study participants received standard-of-care treatment according
to local guidelines. Specifically, patients with unresectable metastatic
disease who received first- or second-line checkpoint inhibitor therapy
were initially treated with Nivolumab (a«PD-1; 1 mg/kg; Bristol-Myers
Squibb) plus Ipilimumab («CTLA-4; 3 mg/kg; Bristol-Myers Squibb) for

up to four cycles at 3-week intervals. Thereafter, patients received
480 mg Nivolumab monotherapy at 4-week intervals.

Diagnosis and grading of clinical outcomes

All irAE were evaluated by an expert Dermatological Oncologist. ICI-
related hepatitis was diagnosed when: (i) glutamic oxaloacetic trans-
aminase (GOT), glutamic pyruvic transaminase (GPT), y-GT or total
bilirubin substantially deviated from pretreatment values; (ii) this
change was not attributable to other causes, such as co-medication or
viral disease; and (iii) liver injury was sufficiently severe that ICI therapy
was suspended or stopped, or immunosuppression was started. Colitis
was diagnosed when increased stool frequency or loose consistency
was accompanied by abdominal discomfort, leading to suspension or
cessation of ICI therapy and introduction of immunosuppressive

Nature Communications | (2024)15:5417

14



Article

https://doi.org/10.1038/s41467-024-49094-3

Hepatitis

No Hepatitis Gated Subset

I Ghi e L Tl s ai i DTl e T =T

True class

Biomarker
prediction or exclusion

-CD4* CD8" T cells

-CD4” CD8* T cells

-CD4" CD8" T cells

-CD4* CD8" T, CD27- CD28* CD57* PD1*
-CD4* CD8" T, CD27* CD28"

-CD4* CD8" T,

-CD4" CD8* T,,,CD27* CD28™ CD57* PD1”

-CD4* CD8" T,,, CD27~ CD28" CD57* PD1*
. -CD4" CD8* T, CD27+CD28*

I -CD4* CD8" T, CD27*CD28* CD57~
- h
" el
1

B
-CD4* CD§" T,, CD27*CD28*

-CD4* CD8" T,,,CD27+CD28* CD57* PD1*
-CD4* CD8" Teells

-CD4" CD8* T,,,,, CD27" CD28™ CD57
-CD4" CD8* T,,,CD27* CD28* CD57* PD1
-CD4* CD§" T,, CD27CD28*

-CD4* CD§" T,, CD27- CD28"

[ ] I -co+ cos T, CD27+ CD28*
1B -CD4* CD8" T,,, CD27- CD28" CD57"
| | [ | [ | Il -co+ cost 1,,c27* CD28* CD57* PD1*
| | I | -CD4* CD§" T,, CD27-CD28* CD57"
| [ ] I3 -CD4” CD8* T,,, CD27* CD28* CD57~
Sample
Hepatitis Prediction:
itis Excluded
EE
b Hepatitis c Hepatitis
+ -— -— + —
= []
@ o
o 083
S |+| 16 13 L23|+| 12 4
y= 58
E= CCR =56.7% €ag CCR=73.3%
o= NPV = 100% O Eq NPV =71.4%
S PPV = 55.2% o2 PPV = 75%
P T
'

Fig. 8 | Significant biomarkers according to classical and our analysis pre-
dicting hepatitis. a Heatmap showing significant biomarkers of hepatitis risk after
Ipi-Nivo therapy based upon permutation p-values for unrestricted and restricted
AUC. After correction for multiple testing, only 4 biomarkers remained significant,
all discovered by our restriction method and indicated by red text. Each further
column reflects one sample, each row a biomarker. The samples are grouped into
patients who did (green) or did not (red) develop treatment-related hepatitis,
shown in the very first row. The main matrix consists of three values: Those
excluded according to restriction (white); those included and predicted positive
(dark green); and those included and predicted negative (dark red). Columns were

clustered, rows in increasing order according to the number of excluded samples.
b Random forest predictions and performances on the prospective validation
cohort (n=30) trained on all, not only the significant, unrestricted biomarker
values from the 110 training samples. ¢ Random forest model predictions and
performances on the prospective validation cohort (n =30) trained on all, not only
the significant, restricted biomarker values from the 110 training samples. Bio-
marker values that fell outside the informative range were replaced with -1 before
training and application of the random forest. Our restriction method was used to
establish the informative range for every biomarker using only training set samples.

treatment. Clinical responses were assessed using the Response Eva-
luation Criteria in Solid Tumors (RECIST 1.1)°. Patients with pro-
gressive disease were categorised as non-responders, whereas those
with complete or partial responses, and those with stable disease, were
categorised as responders.

Flow cytometry

Step-by-step protocols for preparing and analysing clinical samples by
flow cytometry can be accessed through Protocol Exchange’. Briefly,
blood was collected into EDTA-vacutainers by peripheral vene-
puncture and then delivered to the responsible lab at ambient tem-
perature. Samples were stored at 4 °C for up to 4 h before processing.
Whole blood samples were stained using the DURACIlone IM T Cell
Subsets Tube (Beckman Coulter, B53328). Data were collected using a
Navios™ cytometer running Cytometry List Mode Data Acquisition
and Analysis Software version 1.3 (Beckman Coulter). An experienced
operator performed blinded analyses following a conventional work-
flow that entailed sample-wise recompensation, arcsinh transforma-
tion and rescaling before applying a uniform gating strategy
(Supplementary Fig 5).

Restriction method

We propose a method for finding biomarkers with high perfor-
mance in subsets of samples that involves: 1) “restricting” samples
into biomarkert'" and biomarker®” sets for every unique bio-
marker value; 2) calculating the corresponding restricted receiver
operating characteristic (ROC) curve; 3) calculating the area
under the restricted ROC curve; 4) adjusting the restricted AUC
(rAUC) for sample size; 5) selecting the optimal restriction level,
6) calculating permutation p-values; and 7) reporting perfor-
mance and significance. This algorithm is implemented as an R
package called restrictedROC*®.

To define our nomenclature, we first introduce ROC curve ana-
lysis. Let a cutoff ¢ be a real number (ceRR), a continuous biomarker
Y <R and a grouping of samples into diseased (positive, D =1) and non-
diseased (negative, D = 0). A sample can be classified as diseased if Y > ¢
and non-diseased if Y < c. The true positive rate (TPR) and false positive
rate (FPR) at cutoff ¢ are defined as TPR(c)=P[Y >=c|D=1] and
FPR(c)=P[Y =c|D=0]. The ROC curve relates the TPR and FPR for all
possible cutoffs ¢, including {oco, — oo} (nb. compare with Supple-
mentary Fig 16). We can write the value of the ROC curve at any false
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positive rate ¢ between O and 1 as ROC(¢) = TPR(FPR™L(¢)). For nota-
tional  simplicity, ~we introduce P[Yp=c|:=P[Y=cD=1],
P[Yp=c] == P[Y 2c|D=0], Sp(y) := P[Yp2c] and Sp(y) := P[Yp = ]. By
substituting TPR and FPR, we get ROC(t) = Sy (S5 \(¢)). The area under
the ROC curve (AUC) is then defined as

1
AUC= / ROC(t)dt. @®
0

Consequently, a perfectly discriminating biomarker with higher
values corresponding to the positive class translates to a perfect ROC
curve with AUC=1. An uninformative biomarker has an AUC of 0.5,
corresponding to ROC(t)=t for all values of ¢ between O and 1. A
perfectly discriminating biomarker but with higher values corre-
sponding to the negative class has an AUC of 0. From a probabilistic
point of view, the AUC equals the probability that the biomarker value
of a random positive sample will be higher than that of a random
negative sample: AUC=P[Y,>Y]**7*7%, The derivation is given in
Supplementary Note 3.

Next, we introduce the concept of restricted ROC curves. Our
“restriction” is a biomarker value that splits the samples into
biomarker"'®" and biomarker°" sets. For both sets, we separately
calculate “restricted” ROC curves and their corresponding
restricted AUC (rAUC). See the supplement for the full derivation.
In Supplementary Note 4, we prove that calculating rAUC is
identical to scaling a partial AUC (pAUC). Therefore, before we
describe our computational method, we consider the (two-way)
PAUC®*”". The partial AUC (pAUC) is defined as the AUC up to a
certain false positive rate ¢,. Its probabilistic correspondence has
been shown*®7¢:

t,
pAUC(t0)=/ 0ROC(t)dt=P Yp>YplYp >SD’1(IO)] ty (2
0

The pAUC was recently extended to two-way partial AUCs*’. The
two-way partial AUC is defined as the area of the ROC curve between a
minimum true positive rate 1 — a and a maximum false positive rate 8.
This area, shown in Supplementary Fig. 17 as shaded area A, can be
written as

AUCE = /S j(snlam) ROC(6)dt — (1 — a) (ﬁ - Sy (50—1(1 - a))) 3)

-p {YD >Yp,Yp<Spid—a),Y) zsgl(ﬂ)} “4)

Our restriction method uses two special cases of AUCS, shown in
Supplementary Fig. 18:
1. The left part of the area under the curve up to a false positive rate
L, which is identical to the pAUC described earlier

AUC i (B)=AUCE_ = ©)
B
= / ROC(t)dt (6)
0
=P [YD >Yp, Yp >5071(/D] (7)

2. The right part of the area under the curve with at least a true
positive rate of 1 — a

AUC,,,, (o) =AUCE=1 = ®)

- /Sl ROC(t)dt — (1 — @) (1 ~Sp (50*1(1 - a))) 9)

5(55'(1-)

=p [YD >YpYp<Sy 1 a)] 10)

Partial AUCs consider only a specific part of the original
ROC curve, therefore the interpretation of perfect (AUC=1)
or uninformative (AUC=0.5) becomes invalid. For pAUC,
the following standardisation was proposed to restore this
interpretation®

standardised pAUC= 1 <1+ M) (11)

2 max —min

where min is the pAUC given an uninformative biomarker ( min = B ,

and max is the pAUC given a perfect biomarker (max =) up to an falSe
positive rate of S.

In contrast, our restriction method applies the following two
scaling factors to any two-way partial AUCE

1 1
B-Sp(S5'a-a) Sp(S5'B) -1 -a
Effectively, these two scaling factors rescale the area spanned
through a and S to 1. Importantly, this is equivalent to calculating rAUC

considering only samples with S;'(8) <t <S,'(1 — ). This has a prob-
abilistic interpretation of

rAuC? . =Auck .

12)

rAUCP =P [YD > VIS5 B <Y <yt — a)] 13)

Here, the rAUCE is defined in terms of maximum false positive
rate 1 — « and minimum true positive rate f. Alternatively, we intro-
duce a “restriction” reR which splits the data into biomarker™* and
biomarker*®" sets where a := 1 — S,(r) and B := Sp(r). With this, our
two special cases become

_ B=Sp(r) _ _ 1 1
FAUC ig(r) = TAUCL 7" = AUC 0 (Sp()) - 50 50 (14)
rAUC,,,(r) = rAUC?=, =AUC,,, (1 - Sp(r)) vt
low a=1-Sp(r) low D 1= SD(I') 1= SD(r)
15)

This is equivalent to keeping biomarker"™ samples with

values > r (rAUCp,;) or to keeping biomarker®" samples with values <
r(rAUC,,,), then calculating AUC on the restricted dataset. Supple-
mentary Movie 3 uses a hypothetical dataset to visualise the rAUC and
show the visual equivalence of our scaling factor compared to restrict-
ing the dataset.

More extreme restrictions result in fewer samples, so our esti-
mates of rAUC(r) become increasingly unreliable; therefore, we adjust
rAUC(r) for sample size after restriction. Here, we leverage the equality
of the AUC to the Mann-Whitney U test® to calculate the restricted
standardised AUC (rzAUCy) for X either biomarker" and
biomarker-°" sets by calculating the test statistic

rAUCy(r)— 0.5

rzAUC,(r) =
vary, (rAUCy(r))

e)

where vary, (rAUCy(r)) is the variance under the null hypothesis H,
that positive and negative samples are independent and identically
distributed. This demands no assumption of normality. Then var,, is
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given by the following approximation’®’’:

_m+n+l

vary, (rAUCx(r)) = Bmn 17)

where m is the number of positive samples and n is the number of
negative samples with biomarker values higher (rzAUC high ) OF lower or
equal (rzAUC,,) than the restriction r. With this adjustment, a higher
number of samples reduces variance, hence rzAUC, becomes more
reliable. For a visual example, see Supplementary Fig. 19 where the rAUC
and rzAUC are shown for all possible restrictions in terms of the false
positive rate. The rzZAUCy, can be negative if the corresponding rAUCy, is
below 0.5, decreases with fewer samples and increases in absolute value
the further rAUC), is from 0.5. Note that the variance in Eq. (17) is an
approximation. Despite this, it provides a reasonable level of accuracy
for as few as 6 samples per group. It is computationally infeasible to
calculate a Mann-Whitney U test for every possible data-split, therefore
we use this approximation for all number of samples.

After calculating the rzAUC, we next identify the optimal
restriction, which is defined as the highest absolute value of rzZAUC,g,
or rzAUC,,,,. Including more samples would result in a smaller rAUCy
and therefore smaller rzZAUCy . Excluding more samples would resultin
an equal or higher rzZAUC, but also a higher variance and therefore a
smaller rzAUCy,. With this restriction, we include some and potentially,
but not necessarily, exclude other samples in the calculation of the
rAUC. We describe the excluded samples as “unclassifiable” and
remove them from the further calculation of usual performance
measures like accuracy, specificity, or sensitivity.

Finally, we calculate permutation p-values for the unrestricted
AUC and rzAUC. After obtaining the unrestricted AUC for an unrest-
ricted dataset or the rzAUCy for an optimised subset of samples, we
need to assign a p-value using permutation tests. This is a non-
parametric way to determine statistical significance based upon a null
hypothesis that class labels assigned to samples are exchangeable®,
Following this approach, we first calculate unrestricted AUC, rzAUC ),
and rzAUC,,,, using the correct labels. Then we permutate the labels
10,000 times before recalculating unrestricted AUC, rzAUCp;,;, and
rzAUC,,,,. To calculate permutation p-values, we use the statmod R
package which incorporates a slightly more powerful method than just
correcting by (Mapove +1)/(Mioar +1)**. Nyrqr is the total number of
permutations. For the unrestricted permutation p-value, ng,,. is the
number of times the permuted unrestricted AUC is above the original
unrestricted AUC. Likewise, for the restricted permutation p-value,
Napove 1S the number of times either rzZAUC,,;, or rzAUC,,,, is absolutely
higher than the optimal rzAUC,.

Multivariate restriction analysis
Our restriction method identifies only a part of the samples as
classifiable and cannot make predictions for the unclassifiables.
This potentially excludes many samples, so constrains predictive
power. To circumvent this problem, we replace the biomarker
values of unclassifiable samples with a distinct value (-1) and then
apply a random forest. With this substitution, we can predict all
given samples, regardless if they are unclassifiable by some bio-
markers. In our melanoma dataset, we first downsampled 10,000
CD3" T cells per sample. We then restricted our set of biomarkers to
84 gates where at least 10% of 110 training samples contained more
than 10 counts. Then we calculated the relative proportion of gate
cells with respect to either CD4* CD8 or CD4 CD8" T cells. We also
used CD4'CD8" (double positive), CD4~ CD8" (double negative),
CD4" CD8 and CD4™ CD8" T cell counts, which were expressed as a
proportion of the fixed parent gate of 10,000 CD3" T cells.

For our unrestricted, classical multivariate approach, we used the
proportions and counts of all 110 previously published training sam-
ples. We then trained a random forest** model using the H20 R library®

with 1000 trees and 100 bins, a random manual seed for reproduci-
bility of the results of the remaining default parameters. Explicitly, a
maximum depth of 20, a minimum number of samples in a node of 1,
logloss stopping metric, the number of randomly sampled candidate
biomarkers as floor of the square root of 84 (9), a sample rate of 0.632,
minimum split improvement of 10° and an automatic histogram type.
Finally, we applied the random forest on a prospective cohort of n =30
patients.

For our restricted multivariate approach, we performed a
biomarker-wise restriction to samples, and then replaced all unclassi-
fiable biomarker values with -1. We chose this value because all clas-
sifiable values are strictly positive as they represent either proportions
of CD4" or CD8" T cells, or absolute T cell counts. This substitution
forces each tree in the random forest to select discriminatory cutoffs
within the range of informative biomarker values. We then trained a
random forest model with the same settings as for the unrestricted
multivariate approach. We finally applied the restriction values
obtained from the training set to the prospective validation set,
replaced the unclassifiable biomarker values with -1 and applied the
random forest to the prospective cohort.

Synthesising realistic flow cytometry data

Our method to synthesise realistic flow cytometry data is accessible as
python® package NBNode (v1.1.0) via GitHub®. The process of hier-
archically gating cells and simulating data with any given effect in any
cell population involves five steps. In the following, bold letters denote
vectors, italic letters scalar values and roman multi-letter scalars or
functions.

In essence, our approach leverages a Dirichlet process Gaussian
mixture model for characterising pre-identified cell populations.
Established model-based clustering methodologies such as
BayesFlow**, HDPGMM?*, or NPFlow® discern individual cell clusters
along with their parameters and weights. In contrast, we only estimate
cluster parameters and weights using pre-identified cell populations.
Moreover, the hierarchical aspect typically arises from a hierarchy of
latent variables rather than from aggregating cell populations
according to a predefined gating hierarchy.

In the first step, we applied a uniform manual gating to 48 human
peripheral blood samples stained with the DURAClone IM T Cell Sub-
sets Tube (Beckman Coulter GmbH). Data were preprocessed by
manually recompensating the samples, removing TIME, and asinh
transforming all cell antigen expressions x

asinh g g,cqor (%) = asinh ( (18)

cofactor)

with the following cofactors: FS INT: 1, FS TOF: 1, SS INT: 1, CD45RA
FITC:1000, CCR7 PE: 2000, CD28 ECD: 2000, PD1 PC5.5: 800, CD27
PC7: 3000, CD4 APC: 4000, CD8 AF700: 10000, CD3 AA750: 500,
CD57 PB: 2000, CD45 KrO: 20. Because the channel-wise median
fluorescence intensity (MFI) varied between samples, this alone was
not sufficient to apply the same gating to all samples. Therefore, we
performed a sample-wise rescaling (Supplementary Fig 20 and
Supplementary Movie 4). For every cell antigen x, we identified the
positive and negative population of all cells and found the
corresponding MFIL; and MFI_. Using these, the rescaling min-
max standardises all cells per sample,

X — MFI;

rescale(x): = —— X
) MFI; — MFI;

19)

leading to a rescaled MFI e, Of 1and a rescaled MFI, ey, Of O.
We then applied a standard gating strategy, which is shown
schematically (Supplementary Fig 21a) and explicitly for a real-world
sample (Supplementary Fig 5). This hierarchical gating of biaxial
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scatter plots is effectively a decision tree with 98 “leaf” gates (Sup-
plementary Fig 21a). Each leaf gate corresponds to a terminal gating
node and all supraordinate nodes are “intermediate” gates. Every cell
must fall into one, and only one, of the subordinate 98 leaf gates.

In the second step, we model the proportion of cells in each leaf
gate after uniformly gating all cells from all samples. Specifically, we
describe the proportion of cells in each gate according to a Dirichlet
distribution Dir(a) (Supplementary Fig 21b,c). The Dirichlet distribu-
tion is a suitable choice after its mass is only on non-negative com-
positions that sum up to one. Following Minka®, let p e (0,1 be one
random vector of proportions such that Z’,f py=1fork e{(1,... K} for
K cell populations. In our case, all cells of a sample fall into one and
only one of the 98 terminal gates. Therefore, the sum of the cell per-
centages in each terminal gate adds up to 100%. The probability den-
sity under the Dirichlet model with a parameter vector aeR’fo is
defined as

_T(e)

B TTiT (o)

a;—1

P (20)

pp) ~Dir(ay, ... ,0)

K
withp,>0and ) "p,=1
k

More intuitively, the a& parameters can be split into mean pro-
portions per cell population and a precision:

m=E[p]= % (mean vector) (1)
k Ok
K
s=) a (precision) (22)
k

Hence, a useful explanation of the parameters is that the higher
the precision, the more localised the probability becomes around the
means. a, >a, indicates that, on average, the proportion of cell
population x is higher than the proportion of cell population y. If
0 <ay <1, the distribution is effectively pushed away from the corre-
sponding cell population. See Supplementary Fig 22 and Supplemen-
tary Table 2 for examples of the Dirichlet distribution with K=3 and
different parametrisations of a. Plots were created using the
R-package dirichlet®. We calculate the maximum likelihood of the
distribution parameters a with the python dirichlet package®® based
on Ngmpies =48 measured cell population proportions po for
i € {L,...,Ngmpies}- In some cell populations and samples there were no
cells so the proportion became zero. Because the estimation cannot
handle proportions equal to zero, we added a pseudo-proportion to all
proportions and normalised to 1 before applying maximum likelihood
estimation. With this, the zero-adjusted proportion pg)” of sample i
and cell population k becomes

@'

o _ pk
k Y (23)
iy
withp{"" =p? +0.001 - min(all proportions) (24)

We end up with a Dirichlet distribution with estimates for the
parameter &

Dir(éy,&,, ... &) (25)

In the third step, we build a gating hierarchy using the estimated a

parameters corresponding to the leaf nodes. We used the estimated

Dirichlet parameters and manual gating structure to create a prob-
abilistic representation of the gating hierarchy. In this structure, all
cells fall into one and only one gate. To calculate intermediate nodes,
we sum the estimated a parameters according to the manual gating
tree, starting from the bottom and working to the top. Given a Dirichlet
distributed variable with K cell populations

PP)=(p1, .- px) ~Dir(a,a,, ... ,ax) (26)

the sum of any two cell populations is again Dirichlet distributed

ra[()

Therefore, every intermediate or leaf node is described by a
Dirichlet distribution. Intuitively, all cells of any gate must fall in one
of the subsequent gates and can, therefore, reflect a Dirichlet dis-
tribution. To visualise proportions corresponding to these para-
meters, the decision tree was shaded in red, such that deeper red
indicates a higher proportion of cells in that gate (Supplementary
Fig 21a).

In the fourth step, we fit a cell antigen distribution using cells
from all samples per leaf gate (Supplementary Fig 21d,e). The
Dirichlet distributions only describe the number of cells in every
gate - that is, a vector of K cell population proportions p(0,1)X.
However, a flow cytometry measurement results in a R™*™ matrix
with n cells (rows) and m cell antigens (columns) where every cell
comes from a specific cell population. Each such cell population is
defined by the m continuous cell antigen expressions. Accordingly,
we model the cells for each leaf node [ by a multivariate normal
distribution A (m;,%;) with mean g, € R™ and covariance matrix
Y, € R™™ In the illustrated example, we show the parameters of
one gate’s normal distribution with the centres of the ellipsoids g,
and the shaded areas g, + 6 (Supplementary Fig 21e). We estimated
the normal distributions using all cells from n=48 samples. For
populations with <2 cells, a covariance matrix was not calculable, so
such populations were removed.

In the fifth step, we use the estimated cell population and cell
antigen distributions to generate realistic flow cytometry datasets.
We use the estimated parameters of the Dirichlet distribution and
the normal distributions of each leaf node to generate cells. As
shown in Supplementary Fig 23, this simulation involves: (a) draw-
ing a vector pcRX from the estimated Dirichlet distribution
Dir(a;,&,, ... ax), which represents the proportion of cells in each
leaf node; (b) calculating the number of synthetic cells per leaf node
using the expected number of cells for the sample (e.g. 10,000
cells); and (c) Finally, drawing the required number of synthetic
cells from the normal distribution of each corresponding leaf node
for each sample. By repeating this process for each sample, we
generate a synthetic dataset that reflects the underlying population
of cells. We visualise our complete decision tree as an interactive
online  tool (https://vissim.gunthergl.com/) (Supplemen-
tary Note 2).

(pl, Dt Py ,p,<> ~Dir(a1, C it (27)

Imitation of disease-associated effects

We can now introduce any given effect in any given cell population and
obtain cells from a realistic synthetic sample. For that, we change the
underlying Dirichlet distribution and then sample from the existing
normal distributions as before. To change the proportion of cell
population x, we have to change its parameter a,. However, simply
changing a,, e.g. by a factor f € R (@, : =f - a,) also changes the
precision. Consequently, the effective change of the population
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proportion is different than multiplying with f

ax

f'ax f'ax ¢f*

s—ax+f-axzs+(1—f)-ax s

(28)

Therefore, we calculate the new a, by the share of the expected
target proportion in the total old precision and the remaining preci-
sion is shared across all other nodes

a,:=target, - § (29)

U= (1—targety) - s (30)

where “notx” corresponds to all nodes which are not the changed
node x nor subordinate nodes. Because a single synthetic cell comes
from a specific leaf node distribution, we still have to express the
changed intermediate node x by its leaf nodes. After parameter a; of
any node is the sum of all leaf node parameters a; below node k, we
calculate the new leaf node parameter a; as the old a, multiplied with
the ratio of the new and old changed node above

4 !
aj=a; % ora;=a; Ynorx
aX notx

@1

This finally leads us to a change in the expected proportion of the
target population x.

Reporting summary
Further information on research design is available in the Nature
Portfolio Reporting Summary linked to this article.

Data availability

The authors declare that all data supporting the findings of this study
are available within the paper, its supplementary information files and
downloadable files deposited at figshare (https://doi.org/10.6084/m9.
figshare.22759076). We created a convenience R-package dataMela-
noma for the used data at https:/github.com/ggrlab/
dataMelanoma®. Source data are provided with this paper.

Code availability

The authors declare that all computer code supporting the findings of
this study are available as supplementary information files and
downloadable files deposited at figshare (https://doi.org/10.6084/m9.
figshare.22759076). The Python package NBNode® is accessible at
https://github.com/ggrlab/NBNode. The R package restrictedROC* is
accessible at https://github.com/ggrlab/restrictedROC.
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Supplementary Note 1: Class sizes and discriminatory value
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Supplementary Figure 1 Class sizes do not determine the informative value of disease biomarkers.
In this supplementary note, we explain the relationship between the discriminatory value of disease
biomarkers, class sizes and correct classification rates. Most readers intuitively appreciate that
a test’s accuracy (also called the correct classification rate) depends upon the relative number of
cases in each class. However, a marker’s discriminatory value is independent of class size. Figure 1
explains this critical distinction through four illustrated examples, arranged in columns (1 - 4) each
consisting of 5 panels (a - e).
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The vertically arranged panels depict the same datasets treated in five different ways:

(a)

(b)

(c)

(d)

(e)

Boxplot of the biomarker values for both diseased (red) and non-diseased (green) samples. 250
randomly selected samples represented as individual points. The boxplot provides a visual summary
of the distribution of the biomarker values. An arbitrary discriminatory cutoff is displayed at a
biomarker value of 5.8.

Histogram of biomarker values for diseased (red) and non-diseased (green) samples. The histogram
illustrates the distribution of cases with respect to biomarker values in each class. The same arbitrary
discriminatory cutoff is displayed at a biomarker value of 5.8.

Confusion matrix summarizing the predicted class according to the arbitrary biomarker value
cutoff value of 5.8. This table shows the number of true positives (TP), true negatives (TN), false
positives (FP), and false negatives (FP). From these numbers, we can calculate the true positive
rate (TPR), false positive rate (FPR) and accuracy. Hence, the confusion matrix helps to evaluate
the performance of a biomarker in predicting disease status for one specific cutoff value.

Receiver operating characteristic (ROC) curves are graphical representations of the performance of
a biomarker in distinguishing between diseased and non-diseased samples. ROC curves plot the
true positive rate (sensitivity) against the false positive rate (1-specificity) calculated for all biomarker
values in the dataset. As described in Figure 1, the area under the ROC (AUC) is a measure of a
marker’s discriminatory power.

Densities for diseased (red) and non-diseased samples. Imagine a histogram divided by the total
number of samples in the respective class.

Let us first consider columns 1 and 2, which represent a biomarker with no discriminatory value:

(a)

(b)
(c)

(d)

(e)

Regardless of the number of diseased (red: column 1, n=6000; column 2, n=8000) or non-diseased
(green: column 1, n=4000; column 2, n=2000) samples in each class, the boxplots shown in (al)
and (a2) are almost indistinguishable.

In contrast, the histograms in (b1) and (b2) clearly show more diseased samples in column 2.

By definition, no biomarker value is useful for discriminating between the two classes. Our arbitrary
choice of 5.8 as a cutoff leads to confusion tables (c1) and (c2). The accuracy of this test decreases
from (c1; 45%) to (c2; 32%) because more samples happen to fall below the cutoff. Importantly,
TPR (21%) and FPR (21%) are identical irrespective of class size.

The ROC curves in (d1) and (d2) plot TPR against FPR for these samples. Because TPR and FPR
are not affected by class size, the ROC curves and their area under the curve are essentially identical
(d1: AUC = 0.50; d2: AUC = 0.51). Importantly, our interpretation of these curves as showing a
biomarker with no discriminatory value is not affected by the different class sizes in (d1) and (d2).

The density plots shown in (e1) and (e2) help us to understand why our hypothetical biomarker has
no discriminatory power. By normalizing the class sizes, we see the biomarker distributions in the
diseased (red) and non-diseased (green) classes are essentially identically shaped and completely
overlapping. ROC curves are based on densities, not absolute numbers of cases.

Let us now consider columns 3 and 4, which represent a biomarker with a high discriminatory value:

(a)

Regardless of the number of diseased (red: column 3, n=6000; column 4, n=8000) or non-diseased
(green: column 3, n=4000; column 4, n=2000) samples in each class, the boxplots shown in (al)
and (a2) are almost indistinguishable.
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(b) In contrast, the histograms in (b3) and (b4) clearly show more diseased samples in column 4.

(c) Our arbitrary choice of 5.8 as a cutoff leads to confusion tables (c3) and (c4). The accuracy of this
test increases slightly from (c3; 85%) to (c4; 87%) owing to the relative differences in class sizes.
Importantly, TPR (89%) and FPR (21%) are identical irrespective of class size.

(d) The ROC curves in (d3) and (d4) plot TPR against FPR for these samples. Because TPR and FPR
are not affected by class size, the ROC curves are essentially identical (d3: AUC = 0.92; d4: AUC =
0.92). Importantly, our interpretation of these curves as showing a biomarker with high discriminatory
value is not affected by the different class sizes in (d3) and (d4).

(e) The density plots shown in (e1) and (e2) help us to understand why our hypothetical biomarker has
high discriminatory power. By normalizing the class sizes, we see the biomarker distributions in the
diseased (red) and non-diseased (green) classes are essentially identically shaped but only have a
small overlap.

In summary, class sizes may affect the accuracy of a test, but not its TPR or FPR. Hence, the
discriminatory value of a marker, which is a function of TPR and FPR, is not determined by class sizes.
Densities are a class size-independent way of visualising the expression of a disease biomarker within a
patient class. Because densities are directly relevant to a marker’s discriminatory value, we present plots
of densities throughout this article.
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Supplementary Note 2: Website

Total nodes in tree: 141
Gating visualization

based on React D3 Tree (v3.3.5)

Version 1.6 ccc_verse/vissim

Node parameters

AllCells/CD4-/CD8+/Temra

Mean

0,07168473591453137

Reset

Datasets

Intraassay tree

Simulations

Intraassay

Download .fcs: 10k

Orientation CD57+/PD1+ CD57+/PD1- Cp57-

Horizontal

“

Supplementary Website 1 vissim.gunthergl.com: Interactive gating tree to visualize our gating tree and to
allow simulation of own flow cytometry datasets.
A hierarchical gating tree used to classify peripheral blood leucocytes stained for T cell subset cell
cell antigens. Within this hierarchy, intermediate gates (circles) define the cells that are categorized
into end nodes by leaf gates (rectangles). Typical frequencies of cells in all gates were estimated
from 48 samples, which represented 6 replicate stainings from 8 healthy donors. Gates are coloured
according to the percentage of all cells they encompass. We pre-processed the data by pre-filtering
for CD45* cells and show further gates in the figure. We filter for CD3* T cells and subsequently split
into quadrants according to CD4 at 0.19 and CD8 at 0.2 into double negatives (DN), double positives
(DP), CD4*/CD8~ and CD4~/CD8". Only CD4*/CD8~ and CD4~/CD8* gates are split into quadrants
according to CCR7 at 0.24 and CD45RA at 0.12 into TEM (-,-), TEMRA (-,+), TCM (+,-) and Tnaive
(+,+). Every one of those quadrants is again split into quadrants according to CD27 at 0.36 and
CD28 at 0.30. Finally, every one of those quadrants is split into CD57~ (CD57<=0.23), CD57*/PD1*
(CD57>0.23 and PD1>0.52) and CD57*/PD1~ (CD57>0.23 and PD1<=0.52) cells. Therefore the
interactive tree has 141 nodes. Selecting any node shows the node mean corresponding to its
expected value of the Dirichlet distribution. The mean can be changed with the slider, therefore we
can directly change the underlying distribution. Finally, a .fcs file containing 10,000 cells can be
downloaded.
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Supplementary Figure 2 part 1/2. FlowSOM clustering results in TCRyS* cells as a biomarker for hepatitis.
(a) PBMC from 64 patients were stimulated for 4 hours and stained for cell surface antigen and
intracellular cytokines. FlowSOM analysis was performed on CD3* cells with 9 metaclusters and 196
clusters. Metacluster 9 coloured blue, cluster 173 coloured pink (n=42 no hepatitis, n=22 hepatitis).
(b) There was a higher abundance of cells in metacluster 9 in patients who subsequently developed
hepatitis, tested with the Mann-Whitney U test. (c) Metacluster 9 corresponded to a population of
TCRyd* cells. (d) The proportion of cells in cluster 173 was higher in hepatitis patients. We applied
multiple Mann-Whitney U tests to compare the abundance of cells in each cluster between patients
with and without hepatitis. P-values were adjusted for multiple testing using the Benjamini-Hochberg
procedure. (e) Cluster 173 included mostly CD8" TCRyd* cells. (f) TCRyd* cells are distributed in
different areas of the viSNE plot; metacluster 9 was mainly formed by CD8* and double negative
(DN) T cells.
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Supplementary Figure 2 part 2/2. FlowSOM clustering identifies TCRy5" cells as a biomarker for hepatitis.
(g) TCRydé* CD8* can be subdivided into 4 populations. Cluster 173 corresponds to Population
1, characterized by low CD69 expression and low cytokine production. (h) Staining panel used to
analyze T cell populations in this experiment.
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Supplementary Figure 3 Restriction applied to count distributions
Count distributions are usually modelled as coming from a negative binomial distribution. The
negative binomial distribution (NB(y, ¢)) is parametrized by its mean p and the dispersion ¢. We
show four examples of two classes from differently parametrized negative binomial distributions. The
distributions are shown after log, (simulated counts + 1) transformation. Note that our method would
find the same informative range with or without log transformation because it is based on the ROC
curve.
Each subfigure presents log, transformed densities and their corresponding ROC curves. The
method-selected restriction value is emphasized as a vertical red line. For both the positive and
negative classes, 2500 samples were simulated. A log,-fold change of 2.5 was used as the difference
between the two classes. We chose a mean count of 100 (log,(100 + 1) = 6.66) for the negative
population and a mean count of 625 (log, (625 + 1) = 9.29) for the positive population.
(a) Simulated example of positive (NB(9.29,1)) and negative (NB(6.66,1)) samples are shown.
Restriction identifies the full range as informative. (b) Simulated example of positive (NB(9.29, .25))
and negative (NB(6.66,.25)) samples are shown. Restriction excludes samples with zero counts.
(c) Simulated example of positive (NB(9.29,.05)) and negative (NB(6.66,.05)) samples are shown.
Restriction identifies the informative range as samples with more than 2849 ~ 338 counts. (d)
Simulated example of positive (NB(9.29,.05)) and negative (NB(6.66,.07)) samples are shown.
Restriction identifies the informative range as samples with more than 2*¢7 ~ 25 counts.
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Supplementary Figure 4
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Supplementary Figure 4 Swapped positive and negative class restriction.

Exchanging the labels of the positive and negative classes leads to an inversion of the ROC curve,
but does not affect the optimal restriction. (a) The top-left panel shows the distribution of 2500 positive
and 2500 negative samples where 20% of all positive and 2% of all negative samples are different
N (9, 1) from the majority population N (6, 1). The optimal restriction is indicated with a red line (value
= 6.8) and markerH!®H samples are kept. The top-right panel shows the complete ROC curve with
the same restriction indicated at FPR = 0.258. The bottom-left panel relates FPR to biomarker values
for all samples. The bottom-right panel shows the restricted standardized AUC (rzAUC) for every
possible restriction calculated for marker™'®H and marker-°" samples. The optimal restriction is
indicated by a red line. (b) This hypothetical example is identical to that shown in (a) except that the
positive and negative class labels were switched when calculating the ROC curve. The top-left panel
shows the distribution of 2500 negative and 2500 positive samples where 20% of all negative and
2% of all positive samples are different N (9, 1) from the majority population N'(6,1). The optimal
restriction is indicated with a red line (value = 6.8) and marker™'S" samples are kept which is identical
to (a). The top-right panel shows the complete ROC curve with its restriction at FPR = 0.366. The
bottom-left panel relates FPR to biomarker values for all samples. The bottom-right panel shows
the restricted standardized AUC (rzAUC) for every possible restriction calculated for markert!'®H and
marker-®" samples. The optimal restriction is indicated by a red line.

S10



Supplementary Figure 5
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Supplementary Figure 5 Schematic gating scheme for one real and three synthetic samples.
In this paper, our gating schema for the DURACIone IM T Cell Subsets Tube gates 1) CD3* cells,

2) splits them into quadrants according to CD4 and CD8, 3) subsequently splits CD4*/CD8~ and
CD4~/CD8* into quadrants according to CD45RA and CCR?7, 4) subsequently splits every quadrant
into quadrants according to CD27 and CD28, 5) subsequently splits every quadrant into CD57~,
CD57*/PD1* and CD57*/PD1~. The first row shows this gating for sample D142. The next three rows
show the gating for three simulated samples where CD8* Tgura were increased to have a mean of
33.23% in contrast to a baseline mean of 7.17% in 8 donors with 6 replicates each.

S11



Supplementary Figure 6
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Supplementary Figure 6 The restricted standardized AUC is biased.

Although the AUC of the complete ROC curve is unbiased, the optimized rAUC and rzAUC are
biased metrics; therefore, to compare the discriminatory performance of different biomarkers, we
introduce permutation p-values. (a) A simulated distribution of 2500 positive and 2500 negative
samples, where 20% of all positive and 2% of all negative samples are different N (9, 1) from the
majority population N (6, 1). The optimal restriction (value = 6.8) is indicated by a red line. (b) The
corresponding complete ROC curve for all samples with the optimal restriction (FPR = 0.258) is
indicated by a red line. (c) A plot of biomarker values against FPR calculated for all samples. The
optimal restriction is indicated by red lines. (d) The restricted standardized AUC (rzAUC) calculated
for marker™'GH (orange) and marker*®" (blue) samples calculated for all possible restrictions. The
optimal restriction is indicated by a red line. (e) Plot relating the AUC of the complete ROC curve to
the rAUC for 10000 permutations of the positive- and negative-class labels. The red point represents
the observed value for the unpermuted (i.e. correctly labelled) data. (f) Plot relating the standardized
AUC of the complete ROC curve (zAUC) to the rzAUC for 10000 permutations of the positive- and
negative-class labels. The red point represents the observed value for the unpermuted data.
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Supplementary Figure 7
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Supplementary Figure 7 Restriction applied to randomly labelled data

We used data from our training set of 110 patients with advanced melanoma. We selected the
proportion of CD4*Tgy cells as the biomarker of interest. We then randomly permuted the class
labels of the samples and applied restriction to the permuted data. We repeated this procedure
10000 times to generate restricted and unrestricted permutation p-values. Correction for multiple
testing with the false discovery rate led to a g-value of 1 for all biomarkers.

(a) Permutation p-values with (y-axis) and without (x-axis) restriction. Small unrestricted p-values
tend to have smaller restricted p-values. This pattern arises from the fact that our method will result
in no restriction being applied to the dataset if that yields better performance. Consequently, small
unrestricted p-values also exhibit small restricted p-values. (b) Permutation g-values with (y-axis) and
without (x-axis) restriction after p-value correction for multiple testing with the Benjamini-Hochberg
procedure. Most of the g-values are 1, which is expected since the null hypothesis is true. (c)
Permutation p-value distribution without restriction. We observe that the distribution is uniform as
expected. There are 1033 biomarkers with an uncorrected permutation p-value below 0.1. (d)
Permutation p-value distribution with restriction. We observe that the distribution is also uniform as
expected. There are 987 biomarkers with an uncorrected permutation p-value below 0.1.
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Supplementary Figure 8
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Supplementary Figure 8 Significant biomarkers according to classical and restricted analysis predicting
colitis.
The heatmap shows the significant biomarkers for colitis based on permutation p-values for unre-
stricted AUC and our restriction method labelled on the right. No biomarker remained significant after
correction for multiple testing. The biomarkers were cell populations from the DURACIone IM T Cell
Subsets Tube with our gating strategy described in Figure 4a and Supplementary Figure 4. Each
further column reflects one sample, each row a biomarker. The samples are grouped according to
their true positive (green) or negative (red) class shown in the very first row. The main matrix consists
of three values: 1) Excluded according to the restriction (white/empty), 2) included and predicted
positive (dark green) and 3) included and predicted negative (dark red).
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Supplementary Figure 9 Restriction applied to proteomics - 1
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Supplementary Figure 9 Harel et al. (2019) investigated proteomic markers of response to anti-PD1

immunotherapy in patients with advanced melanoma. Using high-resolution mass spectrometry, they
quantified 4620 proteins in formalin-fixed paraffin-embedded (FFPE) tissue samples from 74 patients
treated with anti-PD1 immunotherapy. Patients are split into 40 responders, 27 non-responders, and 7
stable diseases according to RECIST v1.0 guidelines. We used the data available under Table S1 of
the publication, sheets S1C and S1D. The authors were interested in significantly expressed proteins
that discriminated between responders and non-responders: see Figure 3C of their publication.
(a) Summary. (b) Permutation p-values for the restricted (y-axis) and unrestricted (x-axis) AUCs within
the anti-PD1 cohort. (c) Table of significant biomarkers after restriction and correction for multiple
testing (Benjamini-Hochberg). "Global" describes values when no restriction is applied. "Informative
range" is the range of values where a meaningful classification is possible, for "global" within all
observed values. Pred[>Cutoff] is the predicted class of a sample value within the informative range
and above the discriminatory cutoff. Negative predictive value, positive predictive value, true positive
rate (sensitivity), true negative rate (specificity), and accuracy are calculated within the informative
range. (d) Densities, ROC curves and restriction value for WDR47. (e) Densities, ROC curves and
restriction value for RQCD1.
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Supplementary Figure 10
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* FFPE samples from 42 patients treated with TIL-
based adoptive cell transfer.

Proteomic data from Harel et al. 2019.

» 4588 measured proteins.

» Objective: To find differentially expressed proteins
between responders and non-responders defined by
RECIST v1.0 guidelines.

+ Restriction finds 2 otherwise missed significant pro-
teins after correction for multiple testing at a g-value
significance level of 0.1.
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Supplementary Figure 10 Restriction applied to proteomics - 2
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Supplementary Figure 10

Harel et al. (2019) investigated proteomic markers of response to TIL-based adoptive cell transfer in
patients with advanced melanoma. Using high-resolution mass spectrometry, they quantified 4588
proteins in formalin-fixed paraffin-embedded (FFPE) tissue samples from 42 patients treated with
anti-PD1 immunotherapy. Patients are split into 21 responders and 21 non-responders according
to RECIST v1.0 guidelines. We used the data available under Table S1 of the publication, sheets
S1C and S1D. The authors were interested in significantly expressed proteins that discriminated
between responders and non-responders: see Figure 3C of their publication.

(a) Summary. (b) Permutation p-values for the restricted (y-axis) and unrestricted (x-axis) AUCs
within the anti-PD1 cohort. (¢) Table of significant biomarkers after restriction and correction for
multiple testing (Benjamini-Hochberg). "Global" describes values when no restriction is applied.
"Informative range" is the range of values where a meaningful classification is possible, for "global"
within all observed values. Pred[>Cutoff] is the predicted class of a sample value within the
informative range and above the discriminatory cutoff. Negative predictive value, positive predictive
value, true positive rate (sensitivity), true negative rate (specificity), and accuracy are calculated
within the informative range. (d) Densities, ROC curves, and restriction value for ETFB. (e) Densities,
ROC curves and restriction value for CALCOCO2.
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Supplementary Figure 11
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** Phylum:Firmicutes Class:Clostridia Order:Eubacteriales Family:Lachnospiraceae Genus:unclassified. Now known as genus Agathobacter, NCBI:txid1766253.
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Supplementary Figure 11 Restriction applied to microbiomics
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Supplementary Figure 11 Lee et al. (2022) describe the microbiome of faecal samples from 165 patients
across five separate cohorts and an additional 147 samples from four publicly available datasets.
Shotgun metagenomic sequencing was applied to capture information about 668 bacterial species.
Progression free survival was obtained from the clinical data and was available for 205 of 312
samples. It was defined as the time from the first dose of an ICI to the first event; disease
progression or death from any cause. Patients were labelled as "progression” if they had a
progression event within 12 months of treatment initiation. (a) Summary. (b) Permutation p-values
for the restricted (y-axis) and unrestricted (x-axis) AUCs within 205 labelled samples. (c) Table
of significant biomarkers after restriction and correction for multiple testing (Benjamini-Hochberg).
"Global" describes values when no restriction is applied. "Informative range" is the range of values
where a meaningful classification is possible, for "global" within all observed values. Pred[>Cutoff]
is the predicted class of a sample value within the informative range and above the discriminatory
cutoff. Negative predictive value, positive predictive value, true positive rate (sensitivity), true
negative rate (specificity) and accuracy are calculated within the informative range. (d) Densities,
ROC curves and restriction value for species Agathobacter rectalis. (e) Densities, ROC curves and
restriction value for Lachnospiraceae incertae sedis.
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Supplementary Figure 12
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Supplementary Figure 12 Restriction applied to mass cytometry
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Supplementary Figure 12 Lozano et al. (2022) attempted to find markers of severe immune-related
adverse events (irAEs) after ICl therapy in patients with metastatic melanoma. Pretreatment blood
from 18 samples with 8 severe and 10 non-severe irAEs were measured with CyTOF. Samples were
labelled according to CTCAE v5.0 where grade > 3 was considered severe irAE. The outcome was
defined as severe irAE after treatment initiation. Patients were treated with anti-PD1 (n=4) or anti-
PD1 + anti-CTLA4 (n=14). CyTOF data were analyzed with FlowSOM resulting in 20 subpopulations
of major mononuclear lineages. (a) Summary. (b) Permutation p-values for the restricted (y-axis) and
unrestricted (x-axis) AUCs within 18 samples. (c¢) Table of significant biomarkers after restriction and
correction for multiple testing (Benjamini-Hochberg). "Global" describes values when no restriction is
applied. "Informative range" is the range of values where a meaningful classification is possible, for
"global" within all observed values. Pred[>Cutoff] is the predicted class of a sample value within the
informative range and above the discriminatory cutoff. Negative predictive value, positive predictive
value, true positive rate (sensitivity), true negative rate (specificity) and accuracy are calculated
within the informative range. (d) Densities, ROC curves and restriction value for the proportion of
CD4* Temra cells among total evaluable PBMCs. (e) Densities, ROC curves and restriction value
for the proportion of CD8" Tgmpra cells among total evaluable PBMCs.
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Supplementary Figure 13
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Biomarker  Restriction Performance
Restricted? Data AUC Pvalue Q.value Inform.Range Pred[>Cutoff] Cutoff NPV PPV TPR TNR ACC
min max
LYPD2 global train .539 .13339 .53570 -00 00 NR -2.651 .810 .310 .745 395  .489
val 484 791 310 659 469 519
test 512 .684 413 679 419 517
restricted train  .642  .00010 .08365 -6.204 0 NR -2.651 810 .393 625 624 .624
val .685 791 537 611 .736  .694
test .606 .684 491 .600 .582  .589
CEACAM6  global train 571 .00800 21122 -co S NR -.257 .810 .336 .661 525  .561
val .500 767 296 585 496 .519
test .458 .627 378 554 452 490
restricted train .631 .00010 .08365 -2.752 00 NR -.257 .810 393 606 .642 .632
val .644 767 431 564 659  .629
test .486 627 408 537 .500 514
RAC1 global train .568 .01140 .24031 -co 0 R 4.281 .807 .330 .667 .508 .550
val .534 792 317 634 504 .539
test 557 .663 420 .518 570 .550
restricted train .664 .00010 .08365 -00 4.613 R 4.281 .807 434 534 .737 .681
val .593 792 394 464 740 667
test .547 .662 409 250 .803 .608
SPRR2E global train .501 .98180 .99507 -00 0 R -7.469 789 302 .697 413  .489
val .659 915 379 .878 478 .584
test 514 .600 .375 .964 .032 .383
restricted train .646 .00010 .08365 -0 -5.634 R -7.469 789 446 537 722 .668
val .876 915 583 .808 .783 .789
test .566 .600 .398 949  .051 .408

Supplementary Figure 13 Restriction applied to transcriptomics
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Supplementary Figure 13 Zhang et al. (2022) gathered data from 10 studies about patients treated with

immune checkpoint inhibitors. 15896 genes were quantified in 618 training, 154 validation and 149
test bulk RNA-seq samples. Objective response rate was defined according to RECIST v1.1 or
irRECIST criteria in one study. We established univariate restriction on the training samples and
evaluated it on training, validation and test sets. The training and validation samples were from five
studies and randomly split into 80% training and 20% validation samples. The test samples were
from five other studies. All bulk samples originated from five cancer types and were treated with one
of four ICI treatments.
(a) Summary. (b) Permutation p-values for the restricted (y-axis) and unrestricted (x-axis) AUCs
within 618 training samples. (c) Table of significant biomarkers after restriction and correction for
multiple testing (Benjamini-Hochberg). "Global" describes values when no restriction is applied.
"Informative range" is the range of values where a meaningful classification is possible, for "global"
within all observed values. Pred[>Cutoff] is the predicted class of a sample value within the
informative range and above the discriminatory cutoff. Negative predictive value, positive predictive
value, true positive rate (sensitivity), true negative rate (specificity) and accuracy are calculated
within the informative range. (d-g) Density and ROC curve with restriction value as well as restricted
ROC curve for training (618), validation (154) and test (149) samples. LYPD2, CEACAM6, RACH1
and SPRR2E are shown as examples.
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Supplementary Figure 14

a. Transcriptomic data from Zhang et al. 2022.

» 921 transcriptomic samples from 10 ICI RNA-seq cohorts were split into 618 training, 154 validation
(studies 1-5) and 149 test (studies 6-10) samples.

 Atotal of 15,896 genes were quantified, but following the analysis in Figure 4 of Zhang et al. 2022, only
369 genes from the initially established “Stem.Sig” gene signature were used.

» Multiple machine learning models were trained and validated on the respective data splits to predict the
objective response rate (ORR) according to RECIST v1.1 or irRECIST criteria.

* Here we report multivariate random forest model performances with and without preprocessing the
genes by restriction. We find that the validation and test set performances improve with restriction.
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Supplementary Figure 14 Zhang et al. (2022) built multiple machine learning models to predict objective

response rates in immune checkpoint inhibitor-treated patients. They gathered single-cell data from
345 patients in 17 cancer types to find the "Stem.Sig" gene signature, a list of 454 differentially
expressed genes between non-/malignant cells identified by CytoTRACE. In accordance with the
article, we built multivariate random forests on the subset of 369 genes, identified in the 921 bulk
RNA-seq measurements. Zhang et al. (2022) partitioned the dataset into 618 bulk RNA-seq training
samples, 154 validation and 149 test samples. The training and validation samples were from five
studies and randomly split into 80% training and 20% validation samples. The test samples were
from five other studies. All bulk samples originated from five cancer types and were treated with one
of four ICI treatments. The clinical outcome objective response rate (ORR) was defined according
to RECIST v1.1 or irRECIST criteria in one study. Patients were classified as responders (complete
response or partial response) or non-responders (stable disease or progressive disease).
(@) Summary. (b-e) ROC curves of restricted (blue) and base (red) random forest models on
validation (left) and test (right) samples with (bottom) and without (top) optimization of random forest
hyperparameters. Default parameters were set as 1000 trees, a maximum depth of 20, a minimum
number of leaf observations of 1, 20 bins, 21 random candidate biomarkers per split and a sample
rate of 0.632. Parameter optimization was performed with a maximum of 500 models, random
parameter selection of 50-1000 trees, 3-10 random candidate biomarkers per split, a depth of 5-30,
1-3 minimum number of leaf observations of 1-3, 20-50 bins and a sample rate of 0.55-0.85. The
imputed value for samples outside the informative range was defined as -20, being outside the
range of all values across all samples.
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Supplementary Figure 15

a

Transcriptomic data from Zhang et al. 2022.

921 transcriptomic samples from 10 IClI RNA-seq cohorts were randomly split into 70% training and
30% validation samples.

A total of 15,896 genes were quantified, but following the analysis in Figure 4 of Zhang et al. 2022, only
369 genes from the initially established “Stem.Sig” gene signature were used.

* Here we report multivariate random forest model performances with and without preprocessing the
genes by restriction for 750 random splits into training (70%) and test (30%) set. We find that the test
set performance improves with restriction preprocessing.
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Supplementary Figure 15 Multivariate restriction applied to transcriptomics with random train/test splits

Zhang et al. (2022) built multiple machine learning models to predict objective response rates
in immune checkpoint inhibitor-treated patients. We used 369 genes from their "Stem.Sig" gene
signature as potential biomarkers. We repeatedly (750 times) split the 921 measured bulk RNA-
seq samples into training (70%) and test (30%) sets. For each split, the baseline model built a
random forest model on the training set ("Baseline") and applied it to the test data. "Restriction
preprocessing"” first established the restriction values on the training set, applied them to restrict the
training set and built a random forest model on this restricted data. Then the restriction values were
applied and the model was evaluated on the test set. All bulk samples originated from five cancer
types and were treated with one of four ICI treatments. The clinical outcome objective response
rate (ORR) was defined according to RECIST v1.1 or irRECIST criteria in one study. Patients were
classified as responders (complete response or partial response) or non-responders (stable disease
or progressive disease). We used default parameters for the random forest: 1000 trees, a maximum
depth of 20, a minimum number of leaf observations of 1, 20 bins, 21 random candidate biomarkers
per split and a sample rate of 0.632.
(a) Summary. (b) AUCs as points and summarized by boxplots for baseline (red) and restriction
preprocessing (blue) on the test set for 750 random splits into training and test set. (¢) Histogram
of the differences between AUCs of restriction preprocessing and baseline on the test set for 750
random splits into training and test set.
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Supplementary Table 1

Training Set Validation Set
Total number of cases 110 30

Enroliment

10/2016 - 06/2021

06/2021 - 01/202:

Female 37 (33.6 %) 12 (40.0 %)
Male 73 (66.4 %) 18 (60.0 %)
Age (years) 62 (22-84) 64 (23-84)
BMI 26.6 (15.4-54.6) 28.3 (15.0-44.6)
Stage I 8 (7.3 %) 1 (3.3 %)
Stage IV 102 (92.7 %) 29 (96.7 %)
Liver metastases present 30 (27.3 %) 9 (30.0 %)
Pretreatment

None 3 (2.7 %) 1(3.3 %)
Surgical excision 102 (92.7%) 29 (96.7 %)
Radiosurgery 3 (2.7 %) 0 (0.0 %)
Radiation 42 (38.2 %) 6 (20.0 %)
Monotherapy 17 (15.5 %) 5(16.7 %)
IFNa therapy 9(8.2%) 2 (6.7 %)
Braf/Mek inhibitor therapy 21 (19.1 %) 4 (13.3 %)
T-VEC therapy 7 (6.4 %) 0 (0.0 %)
Chemotherapy 6 (5.5 %) 3 (10.0 %)
Rounds of Ipi/Nivo

1 round 13 (11.8 %) 5(16.7 %)
2 rounds 24 (21.8 %) 2 (6.7 %)
3 rounds 20 (18.2 %) 9 (30.0 %)
4 rounds 53 (48.2 %) 14 (46.7 %)

Complications

No complication 35 (31.8 %) 6 (20.0 %)
Hepatitis 48 (43.6 %) 16 (53.3 %)
Colitis 40 (36.4 %) 12 (40.0 %)
Hepatitis and Colitis 13 (11.8 %) 4 (13.3 %)

Supplementary Table 1 Patient cohort characteristics of training and validation set.
EDTA blood samples of 140 stage IlI/IV melanoma patients were collected from OCT-2016 until
JAN-2023. Data from 110 training set patients have been published previously (Glehr, 2022). For
age and BMI, median values were calculated. Minimum and maximum values are given in brackets.
Patient cohort characteristics were obtained at start of Ipi/Nivo therapy. Male and female sex were
self-reported.
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Supplementary Note 3: ROC definition and probabilistic
interpretation

3.1 Definition of the ROC

Let a threshold ¢ € R, a continuous biomarker Y € R and a grouping of samples into diseased (positive,
D = 1) and non-diseased (negative, D = 0). A sample can be classified into diseased if Y > ¢ and into
non-diseased if Y < c. The true positive rate (TPR) and false positive rate (FPR) at threshold ¢ are defined
as

TPR(c) =P[Y > ¢ | D =1], (1)
FPR(¢c) =P[Y > ¢ | D =0]. (2)

The ROC curve connects the TPR and FPR for all possible thresholds. We can write the set of points of

the ROC curve as .
ROC;,; = {(,I;,PI;{E?)) ,¢ € (—oo, oo)} ) (3)

With Equations (1) and (2), as the threshold ¢ increases, both FPR(¢) and TPR(c¢) decrease, see
Supplementary Figure 16:

lim TPR(¢) =0, lim TPR(c) =1, lim FPR(c) =0, lim FPR(c) =1, (4)
c—00 CcC—— C—0 cC——0
therefore
lim ROC,y;(c) = {(8)} lim ROC,y(c) = {(i)} (5)
c—00 C——00

The ROC curve is a monotonically increasing function. After substitution in Equation (3)
t := FPR(c) & FPR'(t) =, (6)

where c is the threshold corresponding to the false positive rate ¢ such that P[Y > ¢|D = 0] = ¢t. Here we
assume that FPR is strictly monotonic such that it is invertible. Then

_ [(FPR (FPR7!(2))
ROCset - {(TPR(FPR—l(t))) S (0> 1)} > (7)
_ {(Roé (t)) e 1>}, (®)

with the definition
ROC(t) := TPR(FPR™!(1)). (9)
We simplify notation:

P[Yp>2y]=P[Y2y|D=1], (10)
P|Y5>y|=P[Y>y|D=0] (11)

We describe the empirical survival functions from given diseased and non-diseased values
Sp(y) =P [Yp > y] :/ fp(u)du =TPR(y), (12)
y

S5(y) =P [Y5 > y| = / f5(u)du ZFPR(y), (13)
)
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where fp(y) and f5(y) are the probability density functions of Yp and Y5, respectively. Their derivatives

are the negative probability density functions:

ds dS5(y)
20— 2P =)

In terms of the survival functions,
ROC(t) = Sp (5151 (t)) 1€ (0,1),
and following Equation (6),

P[Yp > S5'(H)] = ¢,
P[Ys > S;(t)] =t

We define

fop(wy) = fo(w) - f5(y),

as the joint probability density function of Yp and Y for independent random variables Yp and Y.
We further describe the following probability in terms of the empirical survival functions:

b
Pla <Yy <b]= / F()dy
:/ fX(y)dy—/b Jx(y)dy

= Sx(a) - Sx(b), X € {D,E}

S31
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:\SD(C)
14+ ¢=—00
/
c=oo L FPR(0)
= 5p(0)

Supplementary Figure 16 ROC curve with explicit threshold notation

We show the ROC curve using notations used during the proof. The ROC curve shows the true positive rate TPR(c)
or empirical survival function for diseased Sp(c) on the y-axis and the false positive rate FPR(c) or empirical survival
function for non-diseased S;(c) on the x-axis for any possible threshold c. Samples with higher values than c are
classified as diseased (or positive), and samples with smaller or equal values are classified as non-diseased (or
negative). An infinitely high positive threshold predicts all samples as negative, resulting in a true positive rate and a
false positive rate of 0. Conversely, an infinitely low negative threshold predicts all samples as positive, resulting in a
true positive rate and false positive rate of 1.
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3.2 The area under the ROC curve (AUC)

The area under the ROC curve is defined as
1
AUC = / ROC(t)dt, (22)
0

where a perfect ROC curve has an AUC of 1. "Perfect" corresponds to a perfectly discriminating biomarker
where higher values correspond to the positive class. An uninformative biomarker has an AUC of 0.5
because ROC(t) =t for t € (0,1). A perfectly discriminating biomarker with higher values corresponding
to the negative class has an AUC of 0.

From a probabilistic point of view, the AUC equals the probability that the biomarker value of a random
positive sample is higher than that of a random negative sample (Bamber, 1975; Hanley and McNeil,
1982):

AUC =P [Yp > Y5]. (23)

Proof

AUC = / 1ROC(t)dt (24)
0

lWith Equation (15)

- /0 "5 (sgl(t)) dt (25)

Substitute y := Sg(t) = t=S5(y)
With Equation (5):

Sg(l) = —0c0
S51(0) = o0

Sg(l):—oo
- Sp()S,5(y)dy

=1 (0)=c0

lWith Equation (13) and Equation (14)

- [ sow sy (26)
lWith Equation (12)

- [ /y " fowdufs(y) dy @7)

- [ / " o f(y)dudy (29)
lWith Equation (18)

= [ : /y Oofms(u, y)dudy (29)

=P [Yp > Y5] (30)
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Supplementary Note 4: Restriction method

4.1 Partial area under the ROC curve (pAUC)

The partial AUC (pAUC) has been defined as the AUC up to a certain false positive rate t, and its
probabilistic correspondence has been shown (Pepe 2004, Dodd 2001):

to
pAUC(ty) :/ ROC(t)dt =ty - P [YD > Yg|Y5 > S;(to) , (31)
0
A “1dt =1,  perfect test
pAUC(ty) = {7y, 12 . : (32)
o tdt = 7 uninformative test.
Lo
pAUC(ty) = / ROC(¢)dt (33)
0

lWith Equation (15)

_ /O "5y (554(1)) a (34)

Substitute y := Sli)l(t) = t=S5(y)
With Equation (5):

Sg(O) =00

571 (to)

- /S " So(u)SL(y)dy (35)

Bl (0)=00

lWith Equation (13) and Equation (14)
S5 (to)
- [ s

lWith Equation (12)

fo(w)dufs(y) dy (36)
fo(w) f5(y)dudy (37)

lWith Equation (18)

= S;to) /y ) fo5(w y)dudy (38)
=P |¥p 2 Y5, Y5 2 55/ (t) | (39)
_p [Y5 > sgl(to)] p [YD > V5|V > sgl(to)] (40)
lwith Equation (16): P [YB > sg(to)] _—
pAUC(t,) = fo - P [YD > Ys|Ys > slz)l(to)] (41)
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4.2 Two-way partial area under the ROC curve
TPRp

1
Sp(S5 (®)

1-«

Sp(Sp1-) B 1 FPR

Supplementary Figure 17 Two-way partial area under the ROC curve.
The two-way partial area under the ROC curve is defined as the area under the ROC curve between
a maximum false positive rate f and a minimum true positive rate 1 — «. Alternatively, calculate
the area under the curve between the corresponding false positive rates [55(551(1 -a)), ﬁ] and
subtract the area of the rectangle B.

The concept of the partial area under the curve (pAUC) has been expanded in recent years to include
two-way partial AUCs (Yang 2017 and Yang 2021), which allow for the calculation of the area under the
curve between an upper limit for the false positive rate and a lower limit for the true positive rate (S5 (t) < f8
and Sp(t) > 1 — ). This area, shown in Supplementary Figure 17 as shaded area A, can be written as

AUC? = (Areay + Areay) — Areag (42)
5
:/ Sp(S5' (1)dt = (1= a) (B =S5 (Sp' (1 - @))) (43)
S5(Sp (1-a))
lSee following proof.
_p [YD > Y5, Yp < Spl(1— ), Y5 > 551(/3)] (44)
_p [551(1 —a) > Yp > Y5> sg(ﬁ)] . (45)

Our method uses two special cases of AUCg: The bottom-left (AU Cy;4n, green) and top-right (AUC,.,, red)
part of the AUC, shown in Supplementary Figure 18.

Proof
With

Yo = 551(1‘0), Yy = 551(1‘1), (46)
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we have

to Lo Yo h
| roct= [“sorsnar= [ sowsiwdy= [ sowsywdy.

——— Y1 Yo
=y

From
3] Y1 oo Y1
Sp(y) = (u)du = (u)du + (u)du = (u)du + Sp(y1)
p(y /y‘fDuu /nyuu‘/ylfDuu LfDuu (11
we obtain

U1
/ ROC(t)dt = / Sp () f5(y)dy
Il

0

Y1
/ [ fo(u)du +So(yn) | f(v)dy
Yo

1
/y / folwdufs(y)dy + Sp(yn) / fs()dy

0

Y1
/ o (Wdufs (y)dy + 5o (1) (S5 (yo) — S (1))
Yo y

[y1 = Yp > Y5 > yol + Sp(y1) (fo — 11) -

Il
3

For our application, use

bh=p y=5'(F. h=55S5'(1-a), yi=S5(1-a), Sp(y)=(-a),

to obtain the two-way partial AUC

P B
AUC, :/ ROC(t)dt — (1-a) (- S5 (Sp' (1 - a))) .
S5(8p' (1-@)

S36
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L N

1 FPR S5(Sp'1-a))  B=1 FPR

Supplementary Figure 18 ROC curves showing two-way partial AUCs corresponding to marker™ " and
marker®V samples used in our restriction method.
Partial AUCs using the nomenclature from Supplementary Figure 17. (a) Two-way partial AUC with
a =1 and a maximum false positive rate . f corresponds to a specific threshold through ¢ = Sg (p).
Therefore this green area corresponds to the AUC calculated for the complete ROC curve including
markerCH samples. (b) Two-way partial AUC with 8 = 1 and a minimum true positive rate of 1 — a.
1 -« corresponds to a specific threshold through ¢ = 551(1 —a). Therefore this red area corresponds
to the AUC calculated for the complete ROC curve including marker*®" samples.

4.21 AUCh

The left part of the area under the curve up to a false positive rate g is identical to the pAUC described
earlier (Equation (31))

AUChin(f) = AUC_ = (54)
lEquation (43)
p -1
_ /sD(s;u-51>) ROC(1)dt - (1= a) (§ = 55 (551 - o)) (55)
p
= / ROC(t)dt (56)
$5(55'(0)
lEquation (5)
p
-~ / ROC(t)dt (57)
S5(0)
B ‘
_ / ROC(1)ds "2 CV L auc(p). (58)
0
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4.2.2 AUCy,,,

AUChign(B) =

lEquation (44)
=P |Yp > Y5, Yp < Sp'(1- ), Y5 > Sgl(ﬂ)]
=P |Yp > Y5, Yp < 55'(0), Y5 > Sgl(ﬁ)]

=P|Yp > Y5, Yp < 00, Y5 > S})l(ﬁ)]

=P [¥p > ¥5,Y5 2 5518

lEquation (39) and ¢, == 8

The right part of the area under the curve with at least a true positive rate of 1 — «

AUCjon (@) = AUCK! =

lEquation (43)

p

_ / ROC(H)dt — (1 - a) | f = S5 (S51(1 - )
S5(Spl(1-a)) =1

:/1 ROC()dt — (1 - a) (1= S5 (S51(1 - @))).
Sp(Sp' (1-a))

AUCp,y (a) =

lEquation (44)

=P [YD > Yp, Yp < 551(1 —a), Y5 2 551(,[3)
=1

lEquation (5)

=P|[Yp> Y5 Yp <S5'(1—a), Y5 > —o]

=P|Yp > Y5 Yp <Sp'(1-a)]

=P [Yp <Sp'(1-a)| PYp > Y5|¥p < Sp'(1 - @) ]
=(1-a)-P[Yp>Y5/Yp <Sp'(1-a)].
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4.3 Restricted sample space
4.3.1 ROC for restricted sample space

We restrict our sample space to
yo <Yy <y,  forboth X e {D,D}. (72)

This restriction leads to modified probability density functions

. (73)
0 otherwise .

e = [FA0) el

Throughout, explicit dependence on y,, y; is omitted to increase readability but always implied. The
(y-independent) constants

Zx = / " fe(y)dy = Sx(yo) — Sx(yr) = Plys > Yx > o] (74)
Yo

ensure proper normalization of the densities,
. Y1 1 Y1
[ Ray= [ iway= - [ fway=1. (75)
—oo " Zx Jy,

This means that fX can be interpreted as a conditional probability density function for Yy, conditioned on
the restriction yo < Yx < y;. For quantities defined on the restricted space we use 6

_ Onthe restricted space, true and false positive rates can be determined from the corresponding densities
fp and f5 in the usual way,

- 1 fory < yo,
Sx(y) = / fewydu =1 [ fe@du foryo <y <y, (76)
y 0 fory, <vy.

For the non-trivial case y, < y < y;, we therefore obtain

_ Sx(y) = Sx(y1)  Ply < Yx <y

— Yy 1 Y1

S = u)du = —/ u)du = =

x() /y Jxtw) Zx Jy Jxtw) Sx(yo) = Sx(y1)  Plyo < Yx < yi]
Plyo <y <Yx <yl Ply<VYx,y<Yx<uyi]

= =Ply <Y <Yy < R 77
P[yoSYxSyﬂ P[yoSYxSyl] [y X|y0 X y1] (77)

where the probabilities P[.] are defined w.r.t the original (unrestricted) density functions fx. Equation (77)
can be rewritten as

_ 1 Sx (y1)
S = S - =yxS -0 78
R T R T R T B e
with (y-independent) constants
1 1 S
= and 5 W) se). (79)

Zx  Sx(o) — Sx (1) " Sx(10) — Sx (1)

This establishes a one-to-one map between the unrestricted rates Sx(y) € [Sx(y1), Sx(yo)] and their
restricted counterparts Sx(y) € [0, 1], through a simple shift (by dx) and rescaling (with yx).
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From the rate functions Sy, we obtain the corresponding ROC function on the restricted space,
rROC(t) = Sp (3‘;0)) C telo1]. (80)
Note that the interval [0, 1] for ¢t corresponds to thresholds y € [yo,y1]. As the identity Equation (78)

applies to both X € {D, D}, we have a one-to-one map between points on the original ROC curve obtained
from thresholds y € [y, y1] and points on the rROC curve for the restricted densities:

(55(9)) N (%(y)):(yls%(y))_(%) 81)
Sp(y) Sp(y) ypSp(y) dp| -
In particular
S5(o)) S:-(yo) _ (1
) = ()= () &
Sy} :i‘(yl) _ (0
(Sg(yl)) (Sg(yl)) - (0) . (83)

This means that the rROC curve for the restricted sample space can be obtained from the original ROC
curve by simply cutting out a rectangle corresponding to the intervals [S5(y1), S5(yo)] and [Sp(y1), Sp(yo)]
and rescaling both axes to [0, 1] afterwards.

4.3.2 AUC for restricted sample space

Since we have (see Equation (77))

§D(y) =Ply<Yplyy <Yp <uyi], (84)
S5(y) =Ply < Y5 |yo < Y5 < 1], (85)

the area under the rROC curve is given by
I‘AUC:P[YESYDlyoS Y <y]. (86)
By definition, we have

Plyo <Y < 1] =Plyo < Yp < y1]Plyo < Y5 <1l = ZpZp
= (Sp(yo) — Sp(y1)) (S5(yo) — S5(v1)) - (87)

For rAUC we then obtain
P[YB <Yp,yo <Y <y

A T by <Y <1l (©9

_ Plyo <Y < Yp <y (89)
ZDZ]3

Plyo < Y5 < Yp < yi] (90)

) (Sp(yo) = Sp(y1)) (S5(vo) — S5(y1))
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4.3.3 Restricted AUC in terms of true and false positive rates

We can write Equation (86) in terms of a minimum true positive rate 1 — @ and a maximum false positive
rate S by defining
Yo=55F), y=S(1-a) (91)

to obtain
rAUC, = P[Yp > Y5 |S-1(B) < ¥ < S5'(1-a)], (92)

where S}%l(ﬁ) <Y < S;'(1 - a) is the condition that all values (Yp and Yz) are between Sgl(ﬂ) and

S;H(1 - a).
With Equation (87) we get a scaling factor

Plyo < ¥ <1l = (Sn(S5' () - (1= ) (B - S5(55' (1 - @))) = scaling].. (93)

This means that with Equation (45) and Equation (90), the restricted AUC can also be obtained from the
original two-way partial AUC by dividing by this scaling factor:

AUCH
scaHngg

rAUCY = (94)

This is directly visible from Supplementary Figure 17 where a rectangle spanning across area A has a
width of
w = - S5(Sp}(1 - a)), (95)

and a height of
h=Sp(S5'(B)) = (1-a) =ROC(B) - (1 - a), (96)

which results in the scaling factor scalingg.
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4.4 Restriction

Until now, rAch is defined in terms of maximum false positive rate f and minimum true positive rate 1 — «
Alternatively, we here introduce a “restriction” r € R which splits the data into high and low parts where

a :=1-Sp(r) and f := S5(r), respectively.
441 rAUCh,-gh(r)

rAUCig(r) = rAUC P =

lEquation (94)

1

= AUChgn(Sp(r)) -

lEquahon (5): S5 (0) = co and Sg(c0) =0

= AUChign(Sp(7)) - S 1() S 1(’”)
4.4.2 rAUC;,,, (1)
rAUCj,,, (r) = rAUC]_ Sp(r) ~
lEquation (94)
1

1
Sp(r) =S5 (S5' (1-1)) sD( (s (r)))—(l—l)

(100)

1

= AUCIOW(1 - SD(r)) ’

lEquatlon (5): S 1(1) —oo and Sp(—o0) =1

1 1
= AUClow(1 - SD(r)) ’

— S5 (S35 (Sp(r))  1—(1-(1=Sp(r)))
1 1

= AUC1ow(1 = Sp(r)) - T—<- (r) 1-Sp(r)’
>
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Supplementary Figure 19
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Supplementary Figure 19 Densities, ROC curves, restricted AUCs and restricted standardized AUCs.
(a) A simulated distribution of 100 negative N'(5,1) and 100 positive N(6,2) samples. (b) The
corresponding right-skewed complete ROC curve shows two possible restriction levels, which
illustrates that a restriction can be made at every sample value. Each restriction divides the
samples into sets of marker™'SH (orange) and marker°% (blue) samples. (¢) See (b). (d) Restricted
AUC (rAUC) of marker'SH samples against the FPR calculated for every possible restriction.
(e) Restricted AUC (rAUC) of marker-®V samples against the FPR calculated for every possible
restriction. (f) Plots of the restricted standardized AUC (rzAUC) against the FPR calculated for every
possible restriction on marker™'@" samples. (g) Plots of the restricted standardized AUC (rzAUC)
against the FPR calculated for every possible restriction on marker-°" samples.
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Supplementary Figure 20
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Supplementary Figure 20 Pre-processing of flow cytometry data.
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Following a conventional workflow, an experienced, blinded operator performed sample-wise
manual recompensation of flow cytometry data using Kaluza software. Cell antigen-wise asinh-
transformations and rescaling were then applied. Here, we illustrate our data pre-processing with a
single sample. The upper row shows all events after cell antigen-wise asinh transformation. The
lower row shows the same sample after rescaling.
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Supplementary Figure 21
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Supplementary Figure 21 Estimating cell population parameters as a basis for synthesizing realistic flow
cytometry data.
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Supplementary Figure 21 Estimating cell population parameters as a basis for synthesizing realistic flow
cytometry data. (a) A hierarchical gating tree used to classify peripheral blood T cell subsets. Within
this hierarchy, intermediate gates (circles) contain the cells that are categorized into end-nodes by
leaf gates (rectangles). Typical frequencies of cells in all gates were estimated from 48 samples,
which represented 6 replicate stainings from 8 healthy donors. Gates are coloured according to
the percentage of all cells they encompass. (b) A histogram showing the number of cells from all
samples in three arbitrarily selected leaf gates. Leaf A (red) is the CD27~ CD28* CD57~ CD4* Ty,
cell gate. Leaf B (green) is the CD27+* CD28~ CD57~ CD8* Tgyra cell gate. Leaf L (blue) is the
CD27- CD28* CD57~ CD4* Ty, cell gate. (c) A plot showing the corresponding density of the
Dirichlet distribution for example leaf gates A, B and L. Black shading indicates higher probabilities.
(d) 2-dimensional scatter plots showing the distribution of cell-surface protein expression (i.e. cell
antigens) used to define cells that fall within leaf A. Higher cell densities are indicated with yellow
shading. (e) Expression values for all 8 cell antigens were used to estimate a multivariate normal
distribution for every leaf. The resulting leaf cell distribution for leaf A is depicted as shaded areas
representing normal distributions +1 standard deviation.

S46



Supplementary Figure 22

a b c

29 1

g

Supplementary Figure 22 Dirichlet probability density examples for K=3.
Each subfigure shows the probability density for different parameters «;, @, and a3 from a Dirich-
let distribution p(p) ~ Dir(ay, @z, a3). Parameter values are shown at the corners and also in
Supplementary Table 2.
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Supplementary Table 2

Subfigure | & 1) - my ms ms wvar, ovar, vars Ccoviy COVi3  COU93

1.00 1.00 1.00, 0.33 0.33 0.33 0.06 0.06 0.06 -0.03 -0.03 -0.03
25.00 25.00 25.00/ 0.33 0.33 0.33 0.00 0.00 0.00 -0.00 -0.00 -0.00
1.00 1.00 10.00, 0.08 0.08 0.83 0.01 0.01 0.01 -0.00 -0.01 -0.01
1.00 10.00 10.00, 0.05 0.48 0.48 0.00 0.01 0.01 -0.00 -0.00 -0.01
1.00 1.00 0.10 0.48 0.48 0.05 0.08 0.08 0.01 -0.0/7 -0.01 -0.01
1.50 1.50 1.50, 0.33 0.33 0.33 0.04 0.04 0.04 -0.02 -0.02 -0.02
0.10 0.10 0.10, 0.33 0.33 0.33 0.17 0.17 0.17 -0.09 -0.09 -0.09
0.99 0.99 0.99/ 033 033 033 0.06 0.06 0.06 -0.03 -0.03 -0.03

oQ .0 OO0 T W

Supplementary Table 2 Parameters, means, variances and covariances for probability densities shown in
Supplementary Figure 22.
The table shows the parameters a4, @; and a3 from a Dirichlet distribution. Each row corresponds
to the respective subfigure in Supplementary Figure 22. m;, m, and ms are the means for each of
the parameters (m; = E[p;] = “? for s = XY, ax). vary,var, and vars are the variances for each of

";iz((ssjr"l‘i))). covyy, covys and covys are the covariances for each of the
—qiaj
parameters (cov;; = Cov[p;, pj] = —(52(3+1)))'

the parameters (var; = Var[p;] =
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Supplementary Figure 23
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Supplementary Figure 23 Procedure for generating realistic flow cytometry data.
There are three steps to synthesizing new flow cytometry samples. (a) First, we generate cell
population proportions for N new samples, where the percentage of cells in each gate is drawn
from the previously established Dirichlet distribution. (b) Second, we calculate cell counts for all
leaf gates by multiplying the simulated percentages by the desired overall number of cells; in this
example, 10,000 total cells. (¢) Third, we draw the required number of cells per leaf gate from
its previously estimated multivariate normal distribution. This procedure is repeated for N newly
synthetic samples. Thus, we obtain an event matrix of 10,000 cells for each of the N samples.
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